





















































































































































































































































7o

m{E) = 1im un(zo) = 0.
Together with (2), we see that m(£) > 0 if and only if

n (378 > o

VIIf, The following lemma is due to Nakal £15].

LEMNA. 1f P is any C* n-form on R such that [I' <, then

there exists an isomorphism T of HB(R) onto PB(R) with the following
properties:

1) {un] C HB(R) 4is a decreasing sequence with limit
u € HB(R) 4if and only if [Tun} is a decreasing sequence in r3(R) with
limit Tu:e FB(R).

2) Let [di} be a regular exhaustion of R, For any u € HB(«)
let Tiu be a continuous funection on R such that Tiulﬂi € HB(Ri) and
T,u[RNR; = u|RNR. Then Tu= B-lim T,u.

4

3) supR|1ul = supR|u| for all u € B,

VIIz. CORCLLARY, h € HBD(R) if and only if Th € rZi(Rj

for all h € H3(R). In this case h|A = Th|A.

Eroof, Note that the sequence {Tih} c 2(R,; converges to
Th uniformly on compact subsets,
If h € HBD(R), then by hypothesis and the Uirichlet principle
(I1If)
h(ii+_jn) 2 m(lih) < B{h) <& .

Moreover Groen's formula (111f) implies that



Thus

0= _c'.(L:.H_ ju = liu)

= ﬁ'(ri-t- ju) = u,r,u(li_i_ju . liu) + b(iil}k)
= ﬂ(‘I‘i+ju) = 'E;(Tiu).

fience [Tiu} is a BE-Cauchy sequence. Since #(R) is Bi-complete, we
have Tu € FBE(R).

Furthermore, it is clear that Tiu = A e i-io(R) by I1lm.
3ince l"IA(R) is the Ci-closure of iﬁo(R), we have Tu - . € iLA(.{L}, Hence
(Tu-u}lA: 0, d.e. u[A:TuIA.

The proof for the sufficiency is exactly the sane,

VIIh, Now we are going to complete the proof of Theorem VIIec,

Let g, € AY such that m®(q ) > 0. sy VIId, there exists a

-

neighborhood G of q, in R* [ ¥ <« and GNR is a region in R with
GNR

piecewise smooth boundary, Consider the region = U N &, its closure
T in I* and its Royden compactification G*, 'we also consider the
continuous mapping j from G* onto G given in 11I;, which fixes &
elementwise, Since j is a homeomorphism from & w 3'1(13(‘;‘:)) to

3 v B(G) by IIIg, we have qy = j-l(q_o) is a point in [, which
is the Royden boundary of G, Ly Vile, mg(ql) > 0,
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By VIIf, HBE(G) is isomorphic to FB(3) under the isomorphism

T since [P < e, lNote that
G

hiz) = 1(2(2,(11) = rfiig(z,q)c{ql}(q)dmg(qﬁ
€

is a nontrivial function in HD(G) M HB(G) since h(z_) = 1. Let

{Un} be a sequence of open sets in G* such that Un ] 3n+1 3 9,

i, N Iz € As, mg(ql) = 1im mg(Un N ru) and

It

mG(ql) 1lim mG(‘Cin N I_G). For each n, there is an fnen(;-) such
that 0<f, <1, supp £, Uy, £,|T,47 =1 by the urysohn
property of ii(G). ‘e see that {fn} is a decreasing seguence converging

o -
to C{ql} m. a.e. as well as m, a.e. on I_(‘J Let

where TT°G is the harmonic projection on G (see IVf), Thus u, € A5D(G),
u, |Ag = £, | A; and hence {wu } is a decreasing sequence by maximum

principle IVb, We have

1im un(z) = 1im E{G(z,q)uh(q)dmg(q>
G
= fii.(z,q)c (q)dm®(q)
e G {91} ¥

i

h{z)

by the monotone convergence theorem,

liote that Tw € PBI(G) and ¥ nl A= u,nl O by Vlilg. Also
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Th = 1im Tu, by ViIf, Thus

Th(z)

i

lim Tw,(2)

1im IKG(z,q)%(q)(hnG(q)
G

rfliG(Z.q)c{ql}(q')dmu(q)

=

&

]

KL}(Z;qlhﬂu(ql)
by the monotone convergence theorem again, Zince
sup, Th = sup, h > O,
G G

we have m.(q.) > 0,
G

we apply VIIe once more and see that m(q_o) > 0 since
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