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ABSTRACT

The idea of expanding the range of properties of natural substances with arti-
ficial matter was introduced by V. G. Veselago in 1967. Since then, the field of
metamaterials has dramatically advanced. Man-made structures can now ex-
hibit a plethora of extraordinary electromagnetic properties, such as negative
refraction, optical magnetism, and super-resolution imaging. Typical metama-
terial motifs include split ring resonators, dielectric and plasmonic particles,
fishnet and wire arrays. The principle of operation of these elements is now
well-understood, and they are being exploited for practical applications on a
global scale, ranging from telecommunications to sensing and biomedicine, in
the radio frequency and terahertz domains. Accessing and controlling optical
and near-infrared phenomena requires scaling down the dimensions of meta-
materials to the nanometer regime, pushing the limits of state-of-the-art nano-
lithography and requiring structurally less complex geometries. Hence, within
the last decade, research in metamaterials has revisited a simpler, lithography-
free structure, particularly planar arrangements of alternating metal and di-
electric layers, termed hyperbolic metamaterials. Such media are readily real-
izable with well-established thin-film deposition techniques. They support a
rich canvas of properties ranging from surface plasmonic propagation to neg-
ative refraction, and they can enhance the photoluminescence properties of
quantum emitters at any frequency range.

Here, we introduce a computational approach that allows tailoring the dielec-
tric and magnetic effective properties of planar metamaterials. Previously,
planar hyperbolic metamaterials have been considered non-magnetic. In con-
trast, we show theoretically and experimentally that planar arrangements com-
posed of non-magnetic constituents can be engineered to exhibit a non-trivial
magnetic response. This realization simplifies the structural requirements for
tailoring optical magnetism up to very high frequencies. It also provides ac-
cess to previously unexplored phenomena, for example artificially magnetic
plasmons, for which we perform an analysis on the basis of available materi-
als for achieving polarization-insensitive surface wave propagation. By com-
bining the concept of metamaterials’ homogenization with previous transfer
matrix approaches, we develop a general computational method for surface
waves calculations that is free of previous assumptions, for example infinite or
purely periodic media. Furthermore, we theoretically demonstrate that hyper-
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bolic metamaterials can be dynamically tunable via carrier injection through
external bias, using transparent conductive oxides and graphene, at visible
and infrared frequencies, respectively. Lastly, we demonstrate that planar
graphene-based van der Waals heterostructures behave effectively as superme-
tals, exhibiting reflective properties that surpass the reflectivity of gold and
silver that are currently considered the state-of-the-art materials for mirroring
applications in space applications. The (meta)materials we introduce exhibit
an order-of-magnitude lower mass density, making them suitable candidates
for future light-sail technologies intended for space exploration.
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C h a p t e r 1

INTRODUCTION: METAMATERIALS TODAY

“All things are made of atoms; little particles that move around in perpetual motion,
attracting each other when they are a little distance apart, but repelling upon being
squeezed into one another. In that one sentece [...] there is an enormous amount of
information about the world.”

Richard P. Feynman, Six Easy Pieces, 1995

“I can’t see exactly what would happen, but I can hardly doubt that when we have
some control of the arrangement of things on a small scale we will get an enormously
greater range of possible properties that substances can have, and of different things
that we can do.”

Richard P. Feynman, Plenty of Room at the Bottom, 1959

1.1 From atoms to materials, from resonators to metamaterials
The electromagnetic response and optical properties of natural materials arise from
their electronic structure: the way that electrons interact with each other and with
the nuclei (Fig. 1.1a). For example, a material with nearly free electrons behaves like
a metal by screening any incident electric field, whereas when electrons are bound
to the nuclei materials act as transparent media (dielectrics) and fields are allowed
to propagate within them. The electromagnetic response of materials is typically
described through their dielectric and magnetic properties, namely the dielectric per-
mittivity ε and magnetic permeability µ that enter Maxwell’s macroscopic equations
through the constitutive or material relations [1, 2]. Both ε and µ, together with
more complex electromagnetic parameters, for example chirality, bianisotropy, and
nonlinearities of materials, are all derived from their crystallographic arrangement
and electronic band structure.

Despite a plethora of naturally available materials, their range of electromagnetic
properties is limited. Listing the most desirable material responses that are unfound
in nature is a matter of personal preference and application of interest. For example,
near-unity material absorption at visible and near-infrared (IR) frequencies is desir-
able for solar harvesting, photovoltaic applications, sensing, and detection. Hence
this functionality is highly pursued with artificial matter [3–5]. With respect to
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imaging technology, the diffraction limit restricts the resolution of an optical system
to λ/n, where λ is the free space wavelength and n is the index of refraction of
the transparent medium. Hence, an infinitely large index of refraction could allow
for perfect imaging resolution, however, the refractive indices of natural materials
range approximately from 0 to 4. Alternatively, the diffraction limit restrictions
can be alleviated with a negative index of refraction, also not observable in nature.
Specifically, a negative index allows for super-resolution imaging and has been one of
the most targeted functionalities in metamaterials research [6–10]. Another natural
limitation pertains to an asymmetry in the dielectric and magnetic response of natu-
ral materials; although their dielectric permittivity ε obtains positive, negative, and
near-zero values for frequencies up to the ultraviolet (UV) regime, the magnetic per-
meability µ of natural materials is unity for frequencies beyond the terahertz (THz)
range [2, 11, 12]. Hence natural materials do not interact strongly with magnetic
fields at high frequencies, limiting the degree of control of light-matter interactions
in the visible and IR regime.

The idea of expanding the properties of natural substances was introduced by V. G.
Veselago in 1967 [6]. In his original work, he discussed the implications of a hypo-
thetical medium with simultaneously negative ε and µ. Veselago made speculations
about conducting ferromagnets with ε < 0 and µ < 0, however such properties have
not been observed in any naturally occuring material system, to date. Thirty-three
years later, a simultaneously negative ε and µ system composed of a periodic ar-
ray of conducting split ring resonators and wires was experimentally realized by D.
R. Smith et al. [13]. At that time, the name “metamaterial” was established as
the general term for artificially constructed matter, made of periodically positioned
resonant subwavelength elements, often referred to as “meta-atoms”.

Rather than acquiring their macroscopic electromagnetic response from their chem-
ical composition and electronic structure, as in natural materials (Fig. 1.1a), meta-
materials obtain their properties from the collective response of the meta-atoms,
which are typically resonators that act as mesoscopic artificial electric and magnetic
dipoles. For incident wavelengths much larger than the metamaterial periodicity, the
metamaterial microstructure is not resolved by the incident electromagnetic fields.
Instead, electromagnetic radiation senses the net response of the composite (Fig.
1.1b). Hence the notion of an “effective medium” is typically introduced to describe
the response of such a system. As discussed in the pioneering work by J. B. Pendry
in et al. in [14], “Long wavelength radiation is too myopic to detect internal struc-
ture and, in this limit, an effective permittivity and permeability is a valid concept”.
By employing different meta-atoms, a plethora of new material functionalities have
been demonstrated within the last twenty years. Positive, zero, and negative values
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Figure 1.1: (a) SuperSTEM image of a facetted nano-void in diamond, from the
SuperSTEM facility at the STFC Daresbury laboratory (UK). (b) (i) STEM
image of a stack of graphene and hBN bilayers with the layer sequence schemat-
ically shown to the left, from [15], (ii) TEM image of a Ge/Ag multilayer
metamaterial operating at optical frequencies [12] (iii) SEM image of helical
metamaterial operating at infrared frequencies, adapted from [16] (iv) picture
of a negative index metamaterial with unit cell size in the mm-scale, operating
at microwave frequencies, adapted from [17].

of effective permittivity and permeability at any frequency range are now a reality,
using accurate metamaterial design.

Initial experimental results in metamaterial research in the 2000’s pertained to the
microwave frequency range, with metamaterial elements in the millimeter (mm)-
scale; the photograph in Fig. 1.1b (iv) demonstrates a negative refractive index
composite system, adapted from from [13], which we will discuss in more detail in
what follows. Drastic technological progress in nanofabrication has allowed scal-
ing the dimensions of metamaterial elements down to the micrometer (µm) and
nanometer (nm)-regime. In Fig. 1.1b (iii) we show a scanning electron microscopy
(SEM) image of a triple-helix metamaterial operating as a circular polarizer at IR
frequencies, realized using three-dimensional laser lithography [16]. Fig. 1.1b (ii)
shows a multilayer germanium/silver metamaterial operating at visible wavelengths,
adapted from [12], which will be discussed in detail in Chapter 3, realized with
electron-beam thin-film deposition. Impressively, as of 2012 and despite the dozens
of steps involved, it is now possible to stack two-dimensional materials with inter-
layer separation in the Å-regime. Fig. 1.1b (i) (right) shows a cross-section scanning
transmission electron microscopy (STEM) image of a van der Waals heterostructure
composed of six alternating bilayers of graphene and hexagonal boron nitride, as
illustrated on the left, adapted from [15]. The van der Waals interlayer separation
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Figure 1.2: “The next photonic revolution: Metamaterials”, adapted from N.
Zheludev, Plenary talk, CIMTEC 2014, Optical functionalities on demand:
from metamaterials to metadevices

regime coincides with the interatomic separation distance in natural materials, as
shown in Fig. 1.1a. Hence, today we are able to access and control the arrangement
of material systems in the sub-nm regime. In this regime, electronic and electro-
magnetic degrees of freedom compete, paving the way for new classes of artificial
materials composed of layered combinations of two-dimensional (2D) materials in
van der Waals heterostructures. Namely, by controlling simultaneously the geomet-
rical structure, for example by selecting appropriate layer sequencing, together with
controlling the electronic interactions between adjacent van der Waals layers, by
selecting appropriate 2D materials, we are in the position to design new Å-scale
(meta)materials with a bottom-up approach. We discuss this regime in Chapter 6
[18].

Since the 2000’s the field of metamaterials has dramatically advanced and tran-
sitioned from the mature research area of electrical engineering at microwave fre-
quencies to the emerging field of nanophotonics, plasmonics, and the physics of light
coupled to nanostructures. Fig 1.2 is a histogram of the number of scientific pub-
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lications in the field of lasers in the 1960’s and 1970’s in comparison to the field of
metamaterials up to 2012. The similar trends in the publication rates, together with
the dramatic technological impact of the lasers in the past, present, and future, show
the potential of metamaterials as an emerging field of both fundamental scientific
merit and technological promise.

1.2 Negative refraction: The wire array and the split ring resonator
It took thirty-three years for Veselago’s original proposal of a medium with nega-
tive refractive index to be experimentally demonstrated by D. R. Smith et al. [6,
13]. This delay is justified as building intuition about the metamaterial structural
requirements for yielding on demand values of ε and µ was, and often remains, a
challenging task. Successful demonstration of negative refraction was achieved with
the structure depicted in Fig. 1.3c, consisting of a periodic array of interspaced con-
ducting nonmagnetic split ring resonators and continuous wires. The wire medium
and the split ring resonator are now widespread in metamaterial design and their
principle of operation deserves special attention.

The wire array was introduced by J. B. Pendy et al. in [19] in 1996, as a structure
that behaves effectively like a metal with plasma frequency controllable through the
metallic filling fraction of the wires. Hence the plasmonic response of this com-
posite system could be tuned at will, leading to surface plasmonic propagation at
frequencies much lower than the plasma resonance of most noble metals that are
physically bound to the ultraviolet (UV) and visible regime. The principle of oper-
ation of the wire array is based on the fact that conducting channels composed of
wires yield a metallic response with εeff < 0, and by placing metallic wires along all
three coordinate directions (Fig.1.3a) the response becomes isotropic.

The split ring resonator (SRR) was originally discussed by J. B. Pendry et al. in
[14] in 1999, as a way to achieve isotropic negative µeff . The search for negative
permeability is motivated by the lack of natural magnetism at high frequencies. As
stated by Pendry et al. in [14], “atoms and molecules prove to be a rather restrictive
set of elements from which to build a magnetic material. This is particularly true
at frequencies in the gigahertz range where the magnetic response of most materials
is beginning to tail off.”. The SRR, shown on the left of 1.3b, is composed of non-
magnetic metal and operates similar to a magnetic dipole; for an incident magnetic
field parallel to the axis of the rings, induced current can produce a magnetic field
that may either oppose (µeff < 1) or enhance (µeff > 1) the incident field. The gaps
between the rings in Fig.1.3b serve as control knobs for tuning the magnetic reso-
nance at wavelengths much larger than the diameter of the rings. The smaller ring
has a gap oriented in the opposite side to the large ring in order to generate a large
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(a) (c)

(b)

Figure 1.3: (a) Schematic of an isotropic εeff < 0 medium composed of a three-
dimensional periodic lattice of ultra-thin metallic wires, adapted from [19]. (b)
Left-planar view of a SRR, adapted from [13], right-schematic of an isotropic
µeff < 0 medium composed of SRRs, adapted from [14]. (c) Top-dispersion
curve for a periodic array of SRRs for magnetic field polarized along the SRR
axis. Bottom-dispersion curve for a directional negative refractive index neff
metamaterial composed of wires and SRRs and wires, adapted from [13].

capacitance in the small gap region and further lower the magnetic resonance. By
constructing a lattice of closely packed SRRs the axes of which are oriented along
all three coordinate directions, as shown on the right of 1.3b, one can achieve an
isotropic µeff < 0.

By combining a two-dimensional array of perioridically placed conducting wires
with layers of square arrays of SRR (as shown in Fig. 1.1b (iv)), D. R. Smith et al.
realized the first negative index metamaterial in 2000 [13]. A 2D wire array can be
modeled with an effective dielectric permittivity given by

εeff = 1−
ω2

p
ω2 (1.1)

where ω is the frequency of incident radiation, and with ωp = (α2
WL(r)εo)−1/2,

where αW is the wire spacing (Fig.1.3a), L(r) is the self-inductance of a single
wire and εo is the dielectric permittivity of free space. Similarly, the SRR periodic
arrangement is modeled via

µeff = 1− π(r/αSRR)2

1− 3l/µoCr3(πω)2 + i(2lρ/ωrµo)
(1.2)
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where r is smaller ring’s radius (Fig.1.3b (left)), αSRR is the SRR lattice parameter,
l is the distance between SRR layers, ρ is the resistance per unit length of the rings
measured around the circumference, C is the capacitance associated with the gaps
between the rings, and µo is the magnetic permeability of free space. By appropri-
ately positioning the wire array and SRR lattice so that the resonant frequencies of
the two align, a negative index regime occurs (neff =

√
εeffµeff).

For the SRR lattice alone, the frequency dispersion of the supported modes is shown
in Fig.1.3c (top). The band gap corresponds to the frequency regime for which
µeff < 0. By appropriately intersecting the wire array (inset in Fig.1.3c (bottom)),
the band gap is eliminated and the emerging passband, shown with the dashed line,
exhibits negative group velocity due to a simultaneously negative εeff , which arises
from the plasmonic response of the wires. We note that the negative refraction of
the system introduced by Smith et al. is limited to the polarization depicted at
the inset of Fig.1.3c (bottom); for magnetic fields not alined with the SRR axes, or
for electric fields not aligned with the wires axes, the passband exhibits a positive
slope, and hence the group velocity is positive. The seminal works by D. R. Smith,
J. B. Pendry and co-authors shaped the roadmap for research in artificial matter
and established fundamental metamaterial elements that are now widespread in
metamaterial design.

1.3 Planar heterostructures: from photonic crystals to metamaterials
Following the realization of SRR metamaterials and wire arrays, a plethora of sub-
wavelength structures have been reported to exhibit interesting and unprecedented
electromagnetic properties, c.f. Fig. 1.1b. Dielectric nanoparticles [20, 21], fishnet
structures [22–24], helical metamaterials [16], and nanowires [25] have been devel-
oped, operating at IR and even near-IR and visible frequencies. The experimental
realization of such three-dimensional (3D) and two-dimensional (2D) motifs calls
for high resolution nanofabrication methods including electron beam lithography,
nanoimprint, focused ion beam milling, and three-photon lithography. Extending
the properties of such 3D and 2D metamaterials to the visible and UV regime re-
quires reducing their dimensions so that the unit cell does not exceed a threshold of
roughly tens to few hundreds of nanometers.

By contrast to the fabrication requirements of 3D and 2D unit cells of metamaterials,
the experimental realization of unpatterned, one-dimensional (1D) planar layered
media has been well established since the 1980s with thin-film deposition techniques.
Today, thin-film deposition systems include thermal and electron beam evaporation,
sputtering, molecular beam epitaxy (MBE) and atomic layer deposition (ALD), with
accuracy in layer thickness that can reach sub-nm scales in state-of-the-art systems.
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1μm

Figure 1.4: (a) Band structure of a 1D photonic crystal: dark zones represent
the allowed bands. (b) SEM image of a 1D photonic crystal composed of
alternating layers of GaAs and Al0.20Ga0.80As, adapted from the seminal work
by P. A Yeh et al. in 1977 [1, 26].

The precursor of 1D planar multilayer metamaterials is the field of all-dielectric 1D
photonic crystals; structures that flourished within the 1970’s and 1980’s due to
their property to selectively reflect and transmit electromagnetic radiation [1, 26–
29].

Similarly to Bragg diffraction in crystals, where X rays are diffracted by the peri-
odic energy potential of crystalline solids, 1D photonic crystals operate based on
diffraction of light. They are usually composed of a periodic alteration of two di-
electric materials, typically exhibiting a low- and a high-refractive index. One of
the pioneering contributions to the field of 1D photonic crystals was by P. A. Yeh,
during his graduate school years at Caltech, when he developed a transfer matrix
formulation for layered media [1, 26], heavily used in this thesis and in the liter-
ature. The mathematical formulation of electromagnetic fields propagating in the
form of plane waves inside 1D photonic crystals is identical to the problem of an
electron propagating in a periodic potential, which is treated with Bloch’s theorem
[30]. Therefore, similar to the electronic bands and bandgaps in semiconductors, pe-
riodic layered media exhibit photonic bands and bandgaps. Figure 1.4 (a), adapted
from Yeh’s original thesis authored in 1978, shows the typical 1D photonic crys-
tal structure (inset) and its characteristic band structure, where the dark zones
represent the allowed bands, ω is the frequency of the incident light, and β is the
in-plane propagation constant. In Fig. 1.4 (b) we show an SEM image of a Bragg
reflector composed of alternating layers of GaAs and Al0.20Ga0.80As, discussed in
Yeh’s thesis. Realizing that a simple periodic dielectric layered medium can sup-
port omnidirectional reflection [29], where Maxwell’s equations have no propagating
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Figure 1.5: Reflectance and transmittance spectra of an all-dielectric 1D lay-
ered medium composed of eleven alternating layers of refractive index n1 = 1.4,
n2 = 3.5.

solutions, led to a broad range of applications and photonic devices, with the most
well-known being the anti-reflection coating.

Contrary to the metamaterial limit, where the wavelength of light oughts to be much
larger than the unit cell periodicity (λ � Λ), photonic crystals operate at wave-
lengths comparable to the periodicity. This comparison in shown in the schematics
of Fig. 1.5. In this figure, regions of unity transmittance and reflectance correspond
to photonic bands and band gaps, respectively, for a 1D periodic layered medium
(frequency scale to be compared to Fig. 1.4 (a)). The band gaps disapear in the
metamaterial subwavelength regime, λ � Λ. In this regime, the field is too my-
opic to the internal structure of the composite and, instead, experiences an average,
homogeneous dielectric environment. In the particular example of Fig. 1.5, the
selected materials are purely dielectric (n1 = 1.4 and n2 = 3.5), and hence the di-
electric environment seen by large-wavelength electromagnetic fields is transparent.
This explains the nearly perfect transmittance in the metamaterial regime depicted
in Fig. 1.5.
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1.4 Hyperbolic metamaterials
As briefly mentioned above, all-dielectric multilayer metamaterials exhibit a purely
dielectric response in the deep subwavelength limit, where they are transmissive
(Fig. 1.5). By striking contrast, new and exciting effects arise from stacking metal-
lic and dielectric layers to compose planar metallodielectric metamaterials, termed
hyperbolic metamaterials (HMMs). The field of HMMs has flourished within the
last six years [31–33], however the concept behind their fundamental properties was
discussed as early as in 2001 by I. V. Lindell et al. in [34], and in 2003 by D. R. Smith
and D. Schurig in [35]. A wide range of their exciting properties and functionalities
arise from their unnaturally anisotropic response. To our knowledge, HMMs are
the most anisotropic composite materials reported. In what follows, we introduce
HMMs and compare them to natural substances.

The frequency dispersion of electromagnetic waves propagating in a bulk isotropic
material is expressed through the equation

|~k| = nω/c (1.3)

where ~k is the wavevector of the wave, n is the refractive index of the material
and c is the speed of light in vacuum. By contrast, many dielectric materials, for
example sapphire, hexagonal boron nitride (hBN), silicon carbide (SiC), and others,
are uniaxially anisotropic. In the absence of any magnetic properties, the dielectric
response of uniaxially anisotropic materials is described by the dielectric permittivity
tensor ε~

~

eff = diag{εo, εo, εe}, where εo and εe are the ordinary and extraordinary
components of the tensor. The ordinary directions (x and y axes) refer to the
ones normal to the optical axis of the material, whereas the extraordinary direction
coincides with the optical axis (z axis). Ignoring the y-direction, the dispersion
equation of uniaxially anisotropic crystals is

k2
x
εe
+
k2

z
εo
=
ω2

c2 (1.4)

By fixing the frequency ω in the dispersion equations (1.3) and (1.4), we obtain
the angular dependence of the wavevector, or k-space of the material, which is also
termed equifrequency contour (EFC). The EFC shape determines fundamental elec-
tromagnetic properties of material systems and is useful in describing light-matter
interactions. As shown in Fig. 1.6a, the EFC of an isotropic material is a perfect
circle with radius nω/c. By contrast, uniaxially anisotropic dielectrics have elliptical
EFCs as depicted in Fig. 1.6b. Typically, dielectric materials occurring naturally
do not exhibit extreme anisotropy; the most uniaxually anisotropic dielectric sub-
stances are nematic liquid crystals with birefringence values ∆n = √εe−

√
εo ∼ 0.4.
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Figure 1.6: Equifrequency contours for (a) an isotropic dielectric medium (Eq.
(1.3)), (b) an anisotropic uniaxial dielectric material (Eq. (1.4) with εoεe > 0)
and (c) for a hyperbolic medium (Eq. (1.4) with εoεe < 0).

By contrast, a hyperbolic medium is one for which the dielectric (or magnetic)
properties along different coordinate directions are opposite in sign, i.e., εoεe < 0
(µoµe < 0). A naturally occurring material that exhibits this response is hBN [36],
however, for hBN this response is physically bound to the IR regime and to a rather
narrowband frequency regime. In the case of a hyperbolic medium, the EFC is no
longer a closed surface as in Fig. 1.6b. By contrast, from Eq. (1.4), the EFC opens
up into a hyperbola, as shown in Fig. 1.6c.

The EFC diagram is useful, among others, in computing the group velocity and
density of optical states for bulk propagating modes in material systems. Namely,
given the dispersion equation ω(~k), the group velocity is [2]

~vg =
∂ω

∂~k
(1.5)

Hence, the group velocity vector is normal to the EFC and points in the direction
of its displacement as a function of increasing frequency [2, 37]. From Fig. 1.6a and
Eq.(1.3), we see that, for light propagation in isotropic materials, the direction of
the group velocity ~vg coincides with the direction of propagation, i.e., the direction
of ~k. By contrast, due to the elliptical EFC shape of anisotropic dielectric media
(Fig. 1.6b), the propagation direction may differ from the group velocity, however
the two typically define an acute angle due to small birefringence values in naturally
occuring materials. The case of HMMs is of special interest as, in this case, ~vg and ~k
can form an obtuse angle, a consequence of εoεe < 0, allowing for all-angle negative
refraction. Negative refraction and its implications have been widely reported within
the last decade using HMMs [36–40].

HMMs are also often utilized as metamaterial platforms for enhancing the lumi-
nescence properties of quantum emitters [41, 42]. The fundamental parameter re-
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Figure 1.7: The physical implementation and corresponding equifrequency
contours for (a) type I HMMs, with metallic wires in a dielectric host, and for
(b) type II HMMs, with metallodielectric multilayers. Figure adapted from
[33].

sponsible for this functionality is the density of optical states (DOS), which is often
enhanced using HMMs. Particularly, the DOS is given by [30, 41, 43]

D(ω) =
( L
2π
)2 ∫

Shell
d3~k (1.6)

where L3 is the the physical volume of the system and the quantity
∫

Shell d
3~k ex-

presses the volume enclosed by two EFCs corresponding to frequencies ω and ω+dω,
respectively. Therefore, the open-shaped EFCs that HMMs exhibit (Fig. 1.6c) re-
sult in larger DOS compared to conventional isotropic or anisotropic dielectric media
(Fig. 1.6a and b, respectively). Based on the large DOS of HMMs, many interest-
ing phenomena have been recently discussed in the literature, including topological
transitions in metamaterials [42], Purcell factor enhancement [41, 44] and directional
light emission [45].

The physical realization of HMMs requires composite structures with drastically
different dielectric properties along different coordinate directions, in order to induce
the εoεe < 0 response that we discussed above. To date, there are two well known
ways to realize HMMs; the first one is with metallic wires in a dielectric host, or,
vice versa, with dielectric wires in a metallic host. In this case, depicted in Fig.
1.7a, the out-of-plane (z) or extraordinary permittivity is negative, εe < 0, while in
the ordinary directions (x and y), the response is dielectric with εo > 0. This type
of hyperbolic response is typically referred to as type I and its three-dimensional
EFC is shown in Fig. 1.7a.

Type II HMMs are ones that support εo < 0 while εe > 0. This type of response is
easily achievable with metallodielectric multilayer metamaterials (Fig. 1.7b). The
hyperbolic response of metallodielectric multilayers can be interpreted as follows:
along the ordinary directions (x and y in Fig. 1.7b), the metallic layers dominate
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as charge carriers are free to transport without encountering dielectric barriers,
and hence the system behaves as an effective metal with negative permittivity. By
contrast, in the extraordinary (z) direction, the dielectric layers act as barriers of
conduction and the system responds as an effective dielectric with positive permit-
tivity. We note that there are certain frequency regimes at which type I hyperbolic
response can be observed with metallodielectric layered metamaterials [32, 33].

1.5 Scope and structure of the thesis
The scope of this thesis is to provide theoretical and computational tools to model
the response of planar heterostructures, mainly in the subwavelength limit and fo-
cusing on planar HMMs, together with providing approaches for characterizing them
experimentally. Until now, the response of planar HMMs has been mainly modeled
with effective medium approximations that date back to 1985 [46]. A large portion
of the thesis is focused in addressing certain properties of planar heterostructures
that previous EMAs or other approaches, discussed in detail in Chapter 2, tend
to omit [47]. Hence, we unveil and address in detail in Chapter 3 the magnetic
response of planar heterostructures, typically expressed through the effective mag-
netic permeability µ~

~

eff . Until now, the consensus in metamaterials research was that
planar metamaterials do not possess magnetic properties and µ~

~

eff = I. By contrast,
in Chapter 3 we propose a concept for tailoring the effective magnetic response
within planar, unpatterned, 1D multilayer structures [12]. We show theoretically
and experimentally that the magnitude and sign of the permeability tensor may be
engineered at will and we discuss its implications. In Chapter 4, inspired by our
results in Chapter 3, we focus on the implications of artificial magnetism on the sur-
face waves that propagate on planar heterostructures. Previously, HMMs has been
considered to mainly support transverse-magnetic (TM) polarized surface plasmon
polaritons due to the metallic layers that support plasmons below their plasma
frequency. By inducing artificial magnetism in HMMs, we show that it is possi-
ble to guide transverse-electric (TE) polarized surface waves simultaneously with
their TM counterpart. We particularly focus on transition-metal dichalcogenides
and polar dielectric media and discuss regimes of simultaneously TM and TE, i.e.
unpolarized, surface wave propagation with the purpose of generalizing previously
polarization-dependent plasmonic properties of metals.

In Chapter 5, we switch gears and discuss possible means of inducing active tun-
ability in planar arrangements, with the scope of actively controlling the dispersion
characteristics of metamaterials. Practical implications of these results pertain to
optical components, for example in optical switches, tunable polarizers, active dis-
plays and holography. We discuss the visible frequency range where transparent
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conductive oxides (TCOs) can act as tunable materials for inducing active tunabil-
ity in TCO-based planar HMMs [48]. At IR frequencies, we discuss graphene as the
tunable component, that, through carrier injection, can also tune the response of
graphene-based HMMs.

Finally, in Chapter 6 we transition to heterostructures composed purely of two-
dimensional materials, and demonstrate that doped graphite, composed of doped
graphene mono-layers, or graphene/hBN heterostructures can behave as “super-
metals”, surpassing the perfect-electric-conductor response of noble metals at IR
frequencies [18].

We hope that the results of this thesis demonstrate the potential of artificial matter
as a field of study for designing novel optical materials.
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C h a p t e r 2

METAMATERIALS’ HOMOGENIZATION

“Essentially, all models are wrong, but some are useful.”

George Box, Science and Statistics, 1976

2.1 The concept of homogenization and S-parameter retrieval
The objective in metamaterials’ research is to design composite media for expanding
the properties of naturally available materials. Hence, it is often necessary to design
meta-atoms with complex geometrical arrangements that are drastically different
from the periodic arrangement of atoms in naturally occurring crystalline materials
(Fig. 1.1a). As can be inferred from the complex metamaterial shapes shown in
Fig.1.1b and in Fig. 2.1a, where we show typical SRRs, wire arrays, multilayers and
plasmonic nanoparticles, it is often computationally inefficient, if not impossible,
to attempt solving Maxwell’s boundary condition at each boundary of the problem.
An alternative approach is necessary for modeling complex structures and predicting
macroscopic phenomena. As mentioned in Chapter 1, provided that the wavelength
of the incident electromagnetic field is much larger than the unit of the metamaterial,
it is possible to assign effective parameters that describe the collective response of
a system [14].

This assignment of effective parameters, namely effective dielectric permittivity εeff

and magnetic permeability µeff , is termed homogenization. There exists a vari-
ety of methods dedicated to metamaterials’ homogenization, ranging from effective
medium approximations (EMAs) initially developed in the early 1980’s [46, 49–52],
field-averaging approaches [53] and integral method [54–56], and S-parameter re-
trievals. Here, we will focus on S-parameter approaches, initially formulated in the
2000’s by Smith et al. in [57, 58] and by Chen et al. [59].

Conceptually, it is convenient to replace an inhomogeneous composite medium,
which typically consists of a collection of scattering objects, by a homogeneous
medium that exhibits identical scattering response to electromagnetic fields, namely,
the same complex transmission and reflection coefficients, t and r. This correspon-
dence is demonstrated in Fig. 2.1a and b. The composite medium in Fig. 2.1a could
be, for example, an array of SRRs, or plasmonic nanoparticles, nanowire arrays or a
multilayer metamaterial, the meta-atoms of which could be arranged periodically or
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Figure 2.1: (a) An arbitrary composite medium could consist of any combi-
nation of meta-atoms in any arrangement, for example split ring resonators,
plasmonic nanoparticles, nanowires or multilayers. (b) An equivalent homo-
geneous medium that exhibits the same scattering properties as (a) and is
described with an effective permittivity εeff and an effective permeability µeff .
(c) Schematic and definition of parameters with respect to Eqs. (2.3), (2.4).

aperiodically. This is the fundamental concept of the S-parameter retrieval approach
[57–60], which we explain in detail in what follows.

Let us start by examining the case of a finite slab of thickness d of an isotropic
and homogeneous material with dielectric permittivity ε and magnetic permeability
µ. Two equivalent parameters that can be introduced to describe the response of
the slab are the refractive index and the impedance, n = √εµ and Z =

√
µ/ε,

respectively. By convention, we define the two linear polarizations as shown in Fig.
2.1c: transverse electric (TE) polarized waves, alternatively known as s-waves, have
an electric field vector transverse to the plane of incidence (Ey , 0). Similarly,
transverse magnetic (TM) polarized waves, or p-waves, have a magnetic field vector
transverse to the plane of incidence (Hy , 0).

The basis of the S-parameter retrieval lies on the fact that the complex transmission
and reflection coefficients of an incident electromagnetic field, namely t and r, can
be expressed analytically as functions of n and Z. In order to do this, we introduce
keff ≡ kz = n(ω/c)cosθ and ξ = Zpω/c, where p = −1 for TE polarization while
p = 1 for TM polarization, and θ is the refraction angle inside the slab, as shown in
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Fig. 2.1c, which can be calculated through Snell’s law in the case of homogeneous
substances. In terms of these quantities, the complex transmission and reflection
coefficients, as expressed by Menzel et al. in [60], are:

t(k, ξ) =
2k1ξA

ξ(k1 + k2)cos(kd) − i(ξ2 + k1k2)sin(kd)
(2.1)

r(k, ξ) =
ξ(k1 − k2)cos(kd) + i(ξ2 − k1k2)sin(kd)
ξ(k1 + k2)cos(kd) − i(ξ2 + k1k2)sin(kd)

(2.2)

where k1,2 = α
1,2kz1,2. We have kz1,2 = n1,2(ω/c)cosθin,out where n1,2 =

√
ε1,2µ1,2,

the refractive indices of the surrounding media, and ε1, µ1, ε2, µ2 are the dielectric
and magnetic properties of the surrounding media, as shown in Fig. 2.1c. We define
αi = 1/µi for TE polarization and αi = 1/εi for TM polarization. In Eq. (2.1),
the factor A amounts to A = 1 for TE polarization, whereas A =

√
ε1µ2/ε2µ1. By

inverting Eqs. (2.1, 2.2), we can obtain the expressions for k and ξ:

kd = ±arccos
( k1(1− r2) + k2(t/A)2

(t/A)[k1(1− r) + k2(1 + r)]
)
± 2mπ (2.3)

ξ = ±
√
k2

1 (r − 1)2 − k2(t/A)2

(r + 1)2 − (t/A)2 (2.4)

Eqs. (2.3), (2.4) hold for any angle of incidence, embedded in k1,2. Additional
constraints must be imposed in order to select the correct sign and branch in Eq.
(2.3) and the correct sign in Eq. (2.4). For this, we use the physical requirements
for continuity and passivity. Namely, by starting the retrieval calculations from the
quasistatic limit ω → ∞, the branch m = 0 is selected. Subsequently decreasing
the frequency requires adjusting the branch number in order to ensure continuity
of the wavenumber k. Furthermore, we must ensure exponential decay for waves
propagating in the positive z direction. Assuming time-dependence of the form
~E(t, ~r) = ~E(~r)ei(~k~r−ωt), the imaginary part of k must be selected to be positive,
which fixes the sign in Eq. (2.3). Finally a passive medium requires Re(Z) > 0,
fixing the sign in Eq. (2.4).

For complex geometries like the ones schematically presented in Fig. 2.1a, the
scattering properties t, r (also termed S-parameters, hence the name S-parameter
retrieval) are usually calculated with numerical methods, for example High Fre-
quency Structure Simulator (HFSS) finite elements approaches, Lumerical Finite
Difference Time Domain (FDTD) simulators, Comsol Multiphysics or the Fourier
Modal method [60, 61]. In what follows, we will refer to the calculation of t and r
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as the forward problem, in contrast to the inverse problem, being the calculation of
k and ξ through Eqs. (2.3), (2.4), given t, r (see Fig. 2.4).

In the case of inhomogeneous substances, the parameter k = keff is the effective
wavenumber of the metamaterial, the determination of which is the scope of ho-
mogenization. keff together with ξ allow decoupling of the effective dielectric per-
mittivity εeff from the magnetic permeability µeff . For the two linear polarizations
we have:

µ(kx, ω) =
k

ξ(kx, ω)
(TE) , ε(kx, ω) =

k

ξ(kx, ω)
(TM) (2.5)

For TE (TM) polarization, the dielectric permittivity εeff (magnetic permeability
µeff) is obtained through the dispersion equation for isotropic materials:

k2
x + k

2

εeffµeff
=
ω2

c2 (2.6)

where kx = n1,2(ω/c)sinθ1,2 = k// is a conserved quantity that defines the angle
of incidence and frequency. For isotropic metamaterials, an effective index may
introduced, defined as:

neff = ±
√
k2

x + k(kx, ω)2

ω/c
(2.7)

Eqs. (2.3), (2.4) are fundamental in understanding the S-parameter retrieval ap-
proach, and have been very widely used in order to obtain and report extraordinary
electromagnetic properties in 2D and 3D metamaterials. Examples include metallic
strip metamaterials [62], SRRs [13, 17, 57–59], fishnet structures [60] and others [37].
The method describe here is general and can be applied to obtain the effective pa-
rameters (εeff and µeff) along different coordinate directions for any inhomogeneous
slab, in the quasistatic limit. Despite its generality, the S-parameter approach must
be used with caution and the derived parameters εeff and µeff have to be assessed
critically.

We briefly highlight that for the retrieval to be valid, in other words for the di-
electric and magnetic effective parameters to be a useful macroscopic description
of the metamaterial, the system under consideration oughts to be in the subwave-
length limit. Issues of non-locality and spatial dispersion, i.e. the dependence of
effective parameters on the wavenumber, arise when the metamaterial unit cell is
not deeply subwavelength [63]. In this regime, unphysical properties may occur, for
example negative Im(εeff , µeff ). The conditions under which it is appropriate and
useful to introduce effective parameters for describing the macroscopic response of
metamaterials remains an area of active debate and research, see, for example [54,
63–66].



19

We stress that the parameters introduced here (εeff , µeff) are, in general, angle of
incidence dependent. By contrast, the material parameters of naturally occurring
material systems are, in general, angle independent, a property referred to as locality.
In order to obtain local material parameters from εeff , µeff , further corrections are
necessary, depending on the symmetry of the metamaterial arrangement. We discuss
this in more detail in Section 2.4.

Additionally, to accurately employ the S-parameter retrieval in subwavelength com-
posite systems, they ought to be centrosymmetric with respect to their center in z.
This is a requirement in order to ensure that the reflection, coming from incidence
from either side (1 or 2 in Fig. 2.1c) is the same, so that the effective parameters do
not depend on the incidence side, and avoid further non-locality complications (for
a detailed discussion see [60, 65]). Furthermore, the applicability of the retrieval is
limited to systems that maintain the polarization of incident light upon reflection
and transmission (i.e. in the absence of depolarization effects).

2.2 Effective medium approximations and the Maxwell Garnett result
for 1D metamaterials

Despite the extremely wide use and applicability of S-parameter retrieval approaches
for 3D and 2D metamaterials [13, 17, 37, 57–60, 62], planar 1D multilayer metama-
terials are typically treated with effective medium approximations (EMAs). Par-
ticularly, planar HMMs, introduced in Section 1.4, constructed of subwavelength
metallic and dielectric layers are almost exclusively treated with EMAs [10, 31–33,
36, 38, 39, 41, 67–69]. The most commonly used approximation for modeling the
dielectric permittivity of a planar 1D multilayer is the Maxwell Garnett approxima-
tion, developed in 1985. We present it below [46].

First we note that a planar heterostructure exhibits uniaxial anisotropy, hence the di-
electric permittivity is a diagonal tensor, ε~

~

eff = diag{εx = εo, εy = εo, εz = εe}, where
εo and εe are the ordinary and extraordinary components of the tensor, correspond-
ing to the directions in-plane and along the optical axis (z direction), respectively.
Here we have assumed that the constituent materials of the planar heterostructure
are isotropic and non-magnetic, for simplicity.

Now let us constrain ourselves to a purely periodic, infinite heterostructure composed
of two materials with dielectric permittivities ε1,2 and thicknesses l1,2, as shown
schematically in Fig. 2.2. In order to compute εo, we must consider electric fields
tangential to the heterostructure interfaces (x or y). The electric displacement field
at each layer of the heterostructure is given by Dx1,2 = ε1,2Ex1,2, and hence the
average electric displacement over the heterostructure’s period Λ = l1 + l2 is
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Figure 2.2: Schematic of an infinite periodic bilayer medium with parameters
(ε1,2, l1,2). KB is the Bloch wavenumber discussed in Section 2.3. an, bn,
cn, dn are the forward and backward field amplitudes computed through the
transfer matrix for layered media [1]. kx is the in-plane wavenumber, which
remains conserved, and kz,inc/out are the incident and outgoing out-of-plane
wavenumbers.

〈Dx〉 =
1

l1 + l2

(
l1ε1Ex1 + l2ε2Ex2

)
(2.8)

The basic assumption behind the Maxwell Garnett result lies in the following: by
assuming l1,2 � λ, where λ is the free space wavelength of the incident field, we can
make the approximation that the variation of the electric field Ex inside the het-
erostructure is extremely slow and can be neglected. By further employing Maxwell’s
boundary condition for the continuity of the tangential electric field across a bound-
ary, we arrive at Ex1 = Ex2 = 〈Ex〉. Thus, from Eq. (2.8) and Maxwell’s constitutive
equation D = εE, we obtain

εo =
1

l1 + l2

(
l1ε1 + l2ε2

)
(2.9)

Analogously, the average value of Ez is

〈Ez〉 =
1

l1 + l2

(
l1
Dz1
ε1
+ l2

Dz2
ε2

)
(2.10)

By employing Maxwell’s boundary condition for the continuity of the normal com-
ponent of the electric displacement and, again, assuming no field variation within
a period Λ of the heterostructure, we have Dz1 = Dz2 = 〈Dz〉. Using Maxwell’s
constitutive equation D = εE, we obtain
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1
εe
=

1
l1 + l2

( l1
ε1
+
l2
ε2

)
(2.11)

Eqs. (2.9), (2.11) summarize the Maxwell Garnett result [46]. It is important to
emphasize that the validity of the Maxwell Garnett EMA is dependent upon the
accuracy of the assumption that the fields exhibit negligible variation within the
metamaterial unit cell. For this to be true, the index contrast between the two
materials that compose the heterostructure (√ε1 −

√
ε2) ought to be small. Fur-

thermore, EMA approaches, including the Maxwell Garnett result, typically pertain
to a bilayer arrangement that is infinite and purely periodic [46, 49–52]. Finally,
as seen from the analysis above, there has been no reference to magnetic effective
properties. Traditional EMAs for planar heterostructures typically assume µeff = 1
along all coordinate directions. This is justified with the argument that the absence
of any circular inclusions in a 1D arrangement of layers precludes the induction of
currents distributions that could resemble a magnetic dipole response. For more
details on the accuracy of this assumption, see Chapter 3.

In contrast to EMAs, the applicability of S-parameter approaches is not limited in
terms of the number of unit cells and constituent materials; the interior of the slab
of thickness d (see Fig. 2.1a) can be composed of any arrangement of meta-atoms,
as long as they are subwavelength and centrosymmetric, as mentioned in Section
2.1. Furthermore, by using an S-parameter approach that accounts for the finite
thickness of the slab, displayed with d in Fig. 2.1a, one can decouple the dielectric
response from the magnetic one, through Eqs. (2.5) and (2.6).For more details see
Chapter 3.

Despite the constraints under which the Maxwell Garnett EMA is valid, its simplicity
(see Eqs. (2.9), (2.11)) makes it the most widely used method for approximating
the response of a HMM [10, 31–33, 36, 38, 39, 41, 67–69].

2.3 The Bloch wavenumber
Another homogenization approach applicable to planar 1D heterostructures is the
Bloch method [69–71], formulated, among others, in [1]. In its most widely used
form discussed here, it is also constrained to purely periodic bilayer arrangements
that are unbound, similar to EMAs. In contrast to EMAs, the Bloch result holds
at any frequency range and is not limited to the quasistatic metamaterial limit. For
example, the Bloch approach is also widely used for determining the band structure
of 1D photonic crystals.

We start with a bilayer 1D arrangement that is periodic in the z-direction (see Fig.
2.2), with period Λ. This permittivity of this composite can be expressed through
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ε(z + Λ) = ε(z). This dielectric environment is seen by a propagating electric field
equivalently to the way in which an electron wavefunction experiences a periodic
potential in crystalline solids. Hence the formulation of this problem is identical to
the Kronig-Penney model for the band theory of solids [1, 30]. Hence, solutions to
the wave equation are given by

EK(z, x) = EK(z)ei(kxx−ωt)eiKBz (2.12)

where kx is the in-plane wavenumber. KB is the Bloch wavenumber that describes
wave propagation in the z direction, together with EKB (z). Using the Floquet
theorem, we have for EK(z)

EK(z + Λ) = EK(z) (2.13)

Another formulation of wave propagation in the bilayer periodic layered medium
depicted in Fig. 2.2 is with the traditional transfer matrix approach [1]. Based on
it, the electric field is E(z, x, t) = E(z)ei(kxx−ωt), where E(z) is expressed as a sum
of forward and backward propagating plane waves:

E(z) =

ane
ikz,1 (x−nΛ) + bne

−ikz,1 (x−nΛ), nΛ− l1 < z < nΛ

cne
ikz,1 (x−nΛ) + dne

−ikz,2 (x−nΛ), (n− 1)Λ < z < nΛ− l1
(2.14)

The subscript n pertains to the layer order, as shown in Fig. 2.2. kz,1 and kz,2

are the out-of-plane wavenumbers at layers 1 and 2, respectively, given by kz,1,2 =√
ε1,2

ω2

c2 − k2
x. The relative amplitudes an, bn, cn, dn are determined through Maxwell’s

boundary conditions in a matrix form. The details of the matrix formalism can be
found in [1]. Here, we briefly mention that wave propagation in consecutive unit
cells is expressed through

(
an−1

bn−1

)
=

(
A B

C D

)(
an

bn

)
(2.15)

where A, B, C, D are the transfer matrix elements for the unit cell, presented in
Appendix A.1 for both TE and TM polarizations. In terms of this representation
and from Eq. (2.13) together with S, we obtain

(
an

bn

)
= eiKBΛ

(
an−1

bn−1

)
(2.16)
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Using Eq. (2.15), we obtain

(
A B

C D

)(
an

bn

)
= e−iKBΛ

(
an

bn

)
(2.17)

By solving Eq. (2.17) for the Bloch wavenumber, we get

cos(KBΛ) =
A +D

2 (2.18)

Eq. (2.18) expresses a homogenization. Similar to the effective wavenumber keff

that we introduced in Section 2.1 (Eq. (2.3)), the Bloch wavenumber KB is an
effective parameter introduced to simplify wave propagation inside the multilayer
heterostructure. The left hand of Eq. (2.18) refers to the homogenized system,
whereas the parameters A and D on right hand side pertain to the layered medium
and are functions of ε1,2 and l1,2.

Typically, in the case of HMMs, the Bloch wavenumber KB is translated into an
effective dielectric permittivity through the dispersion equation for uniaxial media
(see Eq. 1.4 in Chapter 1), by being treated as the out-of-plane (kz) wavenumber
[69, 71]. The wavenumbers presented in Eqs. (2.3) and (2.17), pertaining to the S-
parameter retrieval and to the Bloch approach, respectively, are useful for numerous
reasons apart from serving the purpose of homogenization, as we will discuss in more
detail in Chapter 4. In the limit of a purely periodic infinite medium, Eq. (2.18) is
identical to Eq. (2.3). For details see Chapter 4.

2.4 S-parameter retrieval for 1D metamaterials
The procedure presented in Section 2.1 describes a homogenization for obtaining
effective parameters εeff and µeff for any composite system, at any angle of incidence
for either of the two linear polarizations. These results, formulated initially in
[60] are the generalization of previous approaches [57–59], which provided effective
parameters for a particular set of incidence direction and field polarization, i.e. for
a particular set of (~k, ~E, ~H ). Despite the generality of the S-parameter retrieval for
oblique incidence, the derived effective parameters do not hold the same meaning as
the dielectric permittivity and magnetic permeability of naturally existing materials.

Particularly, the angle of incidence and polarization dependence of the effective pa-
rameters hints that they do not provide direct information about the medium itself.
We will refer to the effective parameters derived from the S-parameter retrieval of
Section 2.1 [60] as wave parameters, emphasizing on the fact that they depend on the
wave polarization and angle of incidence, and we will use the symbols εTE/TM(θin),
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µTE/TM(θin) to refer to them. Their angle of incidence dependence typically arises
from intrinsic anisotropy that is not explicitly accounted for by the mere application
of the retrieval discussed in Section 2.1. In contrast to wave parameters, which are
scalars, we introduce the notion of material parameters, which are a global descrip-
tion of a system and are, thus, polarization independent and also independent of
the angle of incidence in the absence of spatial dispersion [72]. Hence, in their most
general form, material parameters are tensors with tensor elements that are inde-
pendent of polarization, angle of incidence and total thickness of the medium [2].
This is, for example, the case for naturally occurring materials, the optical prop-
erties of which are global. By contrast, wave parameters of metamaterials do not
necessarily satisfy these condition [57, 65, 73]. We shall refer to material parameters
with ε~

~

= diag{εxx, εyy, εzz} and µ~

~

= diag{µxx, µyy, µzz}.

The representation of the intrinsic electromagnetic properties of any system in terms
of tensorial dielectric permittivity and magnetic permeability, i.e. material param-
eters, is useful and general. From a theoretical point of view, it provides a concise
description of a system that is independent of the excitation conditions (angle of in-
cidence, polarization, etc). From an experimental point of view, material parameters
are easily captured with conventional methods like spectroscopic ellipsometry; by
rotating a sample to probe different crystal orientations, all the tensor elements may
be obtained. By contrast, it is not straightforward nor meaningful to experimen-
tally probe wave parameters, εTE/TM(θin), µTE/TM(θin) with conventional material
characterization schemes.

The optimal way to obtain material parameters for metamaterials is to perform
ab initio electronic structure calculations of the meta-atoms arrangements, similar
to natural materials. However this requires very large scale computations and is
currently computationally intractable in terms of CPU performance and memory.
An alternative approach is to take into account the symmetry group of the meta-
material arrangement and to utilize the dispersion equations for its particular class
of anisotropy; isotropic, uniaxial, or biaxial (in the absence of magnetoelectric cou-
pling). The dispersion equation, for a general bianisotropic medium with tensorial
dielectric permittivity ε~

~

and tensorial magnetic permeability µ~

~

is obtained through
Helmholtz’s equation

~k × µ~

~

−1(~k × ~E) + ω2ε~

~

~E = 0 (2.19)

In this chapter we present a method developed for determination of material param-
eters for metamaterials with uniaxial anisotropy [47]. We shall refer to this method
as material parameter retrieval, as opposed to the S-parameter retrieval described
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Figure 2.3: (a) Three-dimensional representation of the composite uniaxial
slab that can be, among others, (b) a nanowire array or (c) a multilayer meta-
material. (d) Projection of (a) onto the xz plane and our convention for the
angle of incidence.

in Section 2.1 [60], which we will refer to as wave parameter retrieval. We are moti-
vated to investigate uniaxial metamaterials due to their extraordinary properties in
the limit of parameters of opposite sign along different coordinate directions, which
we briefly discussed for the case of HMMs in Section 1.4. The two particular config-
urations that are of special interest are nanowire arrays (Fig. 2.3b) and multilayers
(Fig. 2.3c).

For a uniaxial medium, the permittivity and permeability tensors are of the form
ε~

~

= diag{εxx = εo, εyy = εo, εzz = εe}, and µ~

~

= diag{µxx = µo, µyy = µo, µzz = µe},
respectively. The subscript -o pertains to the directions normal to the optical axis
(x and y here, see Fig. 2.3(a)), or ordinary direction, whereas -e pertains to the
optical axis, or extraordinary direction. Carrying out the algebra of Eq. (2.19) for
uniaxial permittivity and permeability tensors, for TE polarization (defined in Fig.
2.2) we obtain

k2
x + k

2
y

εo(ω,~k)µe(ω,~k)
+

k2
z

εo(ω,~k)µo(ω,~k)
= k2

o (2.20)

For TM polarization, the dispersion is:

k2
x + k

2
y

εe(ω,~k)µo(ω,~k)
+

k2
z

εo(ω,~k)µo(ω,~k)
= k2

o (2.21)

The dependence of the material parameters εo, εo, εo, εo on the wavenumber ~k
is referred to as spatial-dispersion or non-locality. Spatial dispersion may play
some role in systems that are not in the extreme deep subwavelength limit [72,
74]. Without loss of generality, we consider propagation in the xz plane (i.e.
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Figure 2.4: Flow chart of material parameter retrieval for uniaxial metamate-
rials.

ky = 0). As shown in Fig. 2.2, kx is the tangential wavenumber, which is con-
served and equal to kx = n1kosin(θin) = n2kosin(θout), where ko = ω/c. Consid-
ering the effective medium with effective parameters εTE/TM(θin), µTE/TM(θin), we
have nTE/TM(θin) = √εTE/TMµTE/TM, hence kx = nTE/TMkosin(θeffTE/TM ), where
θeff is the effective refracted angle in the effective medium, as shown in Figs. 2.1,
2.3. With knowledge of nTE/TM through the material parameter retrieval, we eas-
ily obtain θeffTE/TM . Similarly to kx, the normal component of the wavevector is
kz = nTE/TMkocos(θeff ). However kz is also the effective wavenumber, obtained
through Eq. (2.3). From the above, Eqs. (2.20), (2.21) yield

sin2(θeffTE )
εoµe

+
cos2(θeffTE )

εoµo
=

1
εTE(θin)µTE(θin)

(2.22)

and

sin2(θeffTM )
εeµo

+
cos2(θeffTM )

εoµo
=

1
εTM(θin)µTM(θin)

(2.23)

for TE and TM polarization, respectively.

Eqs. (2.22), (2.23) connect the wave parameters εTE/TM, µTE/TM with the material
parameters εo/e, µo/e. At normal incidence θin = 0 and kx = 0, hence sin(θeff ) = 0 and
εo = εeffTE (θin = 0) = εeffTM (θin = 0) and µo = µeffTE (θin = 0) = µeffTM (θin = 0). This
is expected since at normal incidence the two linear polarizations are degenerate.

By having already retrieved the ordinary parameters εo, µo, the wave parameter
retrieval may be applied at oblique incidence for TE (TM) polarization, for obtain-
ing µe (εe), through Eqs. (2.22), (2.23) for non-zero cos(θeffTE/TM ). Repeating this
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process for different angles of incidence allows us to determine the degree of spa-
tial dispersion of the system under consideration. This procedure is schematically
outlined in Fig. 2.4.

2.5 A sanity check
To illustrate the validity of the described retrieval approach, let us first apply it
to an example case. We select a 50 nm slab of silver (Ag), for which we have a
priori knowledge of its parameters: εo = εe = εAg and µo = µe = 1. We model εAg

with a five-poles Drude-Lorentz [75] and calculate its transmission and reflection
coefficients for TE and TM polarization, using the transfer matrix approach [1]. By
applying the wave parameter retrieval (see terminology in Fig. 2.4), we obtain the
parameters εTE/TM(k//) and µTE/TM(k//), presented in Fig. 2.5 as a function of the
incident angle since k// = kosinθin, where ko =

2π
λ .

For TE polarization and for all incident angles, the effective parameters εTE and
µTE are nearly angle independent; see Figs. 2.5a, b, e, f. Furthermore, we have
εTE = εAg and µTE = 1 + i0. Although this is the expected result for both linear
polarizations, TM polarization yields a different response. As can be seen from Figs.
2.5c, d, g, h, εTM is strongly dependent on the angle of incidence, which demonstrates
that it is not an intrinsic material parameter, as we know a priori that silver is
isotropic, and hence it has an angle independent dielectric response. Furthermore,
µTM drastically deviates from unity and is also strongly dependent on the angle of
incidence, leading to the same conclusion. Therefore, it is obvious that the wave
parameter retrieval does not yield the properties of silver.By contrast the parameters
εTE/TM and µTE/TM depend on the illumination conditions (e.g., polarization, angle
of incidence), hence they do not provide direct information regarding the intrinsic
properties of the system under consideration.

This issue was addressed in our discussion in Section 2.4. By utilizing Eqs. (2.20),
(2.21), we obtain the material parameters for the example system, namely εo/e and
µo/e, shown in Fig. 2.6. As expected, and contrary to the wave parameters, εo/e
and µo/e are angle independent and exactly reproduce the optical response of silver:
εo = εe = εAg and µo = µe = 1 + i0.

This example serves as a sanity check for validating the accuracy of the material
parameter retrieval for planar systems, described in Section 2.4. A similar sanity
check can be applied to any homogeneous material slab with known parameters, as
long as some loss is involved in the system in terms if a non-zero imaginary part in
at least one of εo/e, µo/e. This is necessary in order for the sign ambiguity in Eq.
(2.3) to be resolved (see discussion in Section 2.1).
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Figure 2.5: Effective wave parameters for a slab of silver of thickness 50 nm.
(a) Re(εTE(k//)), (b) Im(εTE(k//)), (c) Re(εTM(k//)), (d) Im(εTM(k//)), (e)
Re(µTE(k//)), (f) Im(µTE(k//)), (g) Re(µTM(k//)), (h) Im(µTM(k//)), where
k// = kosinθin. Black dotted lines in (a)-(d) correspond to the dielectric per-
mittivity of silver εAg.
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2.6 Comparison between S-parameter retrieval and EMAs: µ , 1!
By establishing (a) the difference between the nature of wave and material parame-
ters in Section 2.4 and (b) the validity of the material parameter retrieval in Section
2.5, we proceed to examine multilayer configurations, which is the main topic of in-
terest in the thesis. We study a layered system composed of Ag/SiO2 subwavelength
layers of thickness 20 nm each, terminated with SiO2. As discussed in Section 1.4,
metallodielectric multilayer metamaterials exhibit a hyperbolic dispersion, arising
from their unusual property εoεe < 0. Here, we illustrate this and compare our
results to traditional EMAs.

As illustrated in Fig. 2.4, we start by using the transfer matrix approach for comput-
ing the transmission and reflection coefficients of our multilayer system of varying
number of layers for TE and TM polarization and angles of incidence from 0 to 90
degrees, hence k// ∈ [0, ko], as in the previous example. By first obtaining the wave
parameters εTE/TM, µTE/TM, which we omit presenting as they do not provide any
physical insight (see discussion in previous section), we obtain the effective tensorial
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comparison with the Maxwell Garnett result [46] and a generalized non-local
Bloch approach [69].

dielectric permittivity of the metamaterial, ε~

~

eff = diag{εo, εo, εe}, shown in Fig. 2.7.

As expected, the in-plane dielectric response is metallic, εo < 0, due to the presence
of Ag, which is a plasmonic metal with εAg<0. By contrast, however, in the out-of-
plane direction we have εe > 0. This is justified as the dielectric (SiO2) layers act
as barriers of conduction, hence inducing a dielectric response [31, 47]. Therefore,
in the long wavelength limit we indeed obtain εoεe < 0 and this configuration is
hyperbolic. It is important to highlight the very weak dependence of the parameters
εo, εe on the number of layers. This property is fundamental for material parameters
to be valid, along with angle of incidence independence, which was justified in the
previous section.

In Fig. 2.7 we also compare our results with the Maxwell Garnett EMA, which is
the most widely used approach for approximating the response of HMMs, and with
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a generalized non-local EMA based on the Bloch approach (see Section 2.3) [69].
The two EMAs slightly differ from each other as the Bloch-based EMA accounts
for non-local effects, whereas the Maxwell Garnett result does not. Furthermore,
the material parameter retrieval results differ from both EMAs. This is justified
and expected because, as discussed in Sections 2.1, 2.2, 2.3, these EMAs pertain to
an infinite periodic system, hence the finite thickness of the stack in not taken into
account [1, 46, 47, 69]. By contrast, the basis of the S-parameter retrieval and its
generalization to obtain material parameters lies on accounting for finite thickness
effects. In fact, it is this additional information that allows decoupling the dielectric
permittivity from the magnetic permeability, which we present in Fig. 2.8 [12].

We note that, as the number of layers in increased (see colorbar in Fig. 2.7), our
results asymptotically approach the EMA results, along both the ordinary (in-plane)
and extraordinay (out-of-plane) directions. This is consistent with the fact that the
EMA results pertains to the infinite number of layers limit. We highlight, however,
that even for fifty-one layers (twenty-five unit cells), the dielectric permittivity of a
finite stack does not coincide with EMA results. Equivalent findings were reported
in [47] for Ag/SiO2 multilayers terminated by Ag, yielding the same conclusion: the
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exact result produced by the material parameter retrieval discussed in this chapter
deviates from traditionally used EMAs for at least up to thirty layers. We refer to our
method as “exact” because it accounts for the finite thickness of the metamaterials
and does not a priori assume that µ~

~

eff = I.

As far as the magnetic permeability µ~

~

eff is concerned, we present in Fig. 2.8 the
parameters µo, µe. By raising the constraint of µ~

~

eff = I, imposed in previous EMA
approaches that are widely used for approximating the response of HMMs [31, 32, 42,
76], we reveal that metallodielectric multilayer metamaterials exhibit a non-trivial
magnetic response! Both µo and µe drastically deviate from unity, as they exhibit
a resonance approximately at λ = 10Λ. To further emphasize on the physicality of
these two parameters, we point out that, similar to εo, εe, µo, and µe also exhibit
weak dependence on the number of layers.

2.7 Conclusion
In this chapter we presented a general method for retrieving the effective material
parameters for metamaterials with uniaxial anisotropy (Fig. 2.3). The effective
parameters we retrieve pertain to the diagonal elements of the permittivity and
permeability tensors, ε~

~

eff = diag{εo, εo, εe} and µ~

~

eff = diag{µo, µo, µe}, respectively.
The retrieved parameters are angle of incidence independent, hence they are local
material parameters. We apply our approach to planar metallodielectric metama-
terials and arrive to the conclusion that their magnetic permeability deviates from
unity. This is in contrast to the previous consensus [31, 32, 42, 76]. The details of
our method can be supplementary found in [47].

The physical origin of the non-unity magnetic permeability shown in Fig. 2.8, along
with its implications deserve special attention. Hence, we devote Chapter 3 to
optical artificial magnetism with planar metamaterials and we present an analytical
model for understanding this rather surprising result, together with experimental
measurements on fabricated multilayer metamaterials. Additionally, we perform
impedance matching sanity checks that confirm the validity of our results (please
see Fig. 3.6 in Chapter 3).
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C h a p t e r 3

ARTIFICIAL MAGNETISM IN PLANAR METAMATERIALS

“Science is made up of mistakes, but they are mistakes which it is useful to make,
because they lead little by little to the truth.”

Jules Verne, A Journey to the Center of the Earth, 1864

3.1 Previous approaches: Artificial magnetism in 3D and 2D
In the optical spectral range, the magnetic response of most materials, given by the
magnetic permeability µ, is generally weak. This is famously expressed by Landau
and Lifshitz [2]: “there is no meaning in using the magnetic susceptibility from the
optical frequencies onward, and in discussing such phenomena, we must put µ = 1”.
By contrast, in the optical regime, materials possess a diverse range of dielectric
properties, expressed through the dielectric permittivity ε, which can be positive,
negative or zero.

(a) (b)

(d)(c)

Figure 3.1: Previous results on artificial magnetism with 3D and 2D metama-
terials. (a) dielectric rings and nanoparticles, adapted from [21], (b) fishnet
metamaterials, adapted from [22], (c) SRRs, adapted from [11] , (d) high-ε
wire medium, adapted from [25].
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Figure 3.2: Main design motifs for 3D and 2D magnetic metamaterials. In-
duced magnetization in (a) dielectric nanoparticles (3D metamaterials) (b) in
dielectric nanorods (2D metamaterials).

The weak magnetic response in natural materials has motivated a search for struc-
tures and systems that may exhibit magnetic properties arising from metamaterial
design. Specifically, engineered displacement currents and conduction currents can
act as sources of artificial magnetism when metamaterials are illuminated with elec-
tromagnetic fields [11]. Nonetheless, until now, the realization of such magnetic
metamaterials has required rather complex resonant geometries [11, 77, 78], includ-
ing arrays of paired thin metallic strips [62, 79], split ring resonators [80–82], and
fishnet metamaterials [22], shown in Fig. 3.1 - structures that require sophisticated
fabrication techniques at optical frequencies. The principle of operation of such
magnetic metamaterials is outlined below.

A circulating electric current can create a magnetic dipole and is the key to inducing
magnetism in magnet-free systems. Based on this principle, induction coils generate
and induce magnetic flux, allowing to manipulate magnetic fields at radio frequencies
(RF). The same concept is widespread in metamaterials design [83, 84]; similarly to
the RF regime, by properly shaping metamaterial elements to produce a circulating
current flow, magnetic dipoles are induced. Dielectric nanoparticles [20, 21, 85–88]
and nanorods [25, 89] have been the building blocks for 3D and two 2D magnetic
metamaterial structures, respectively (Fig. 3.2).

3.2 Parameter space for µ and ε

Despite astonishing previous reports on magnetic metamaterials within the last
twenty years, it is east to see that harnessing artificial optical magnetism, namely at
frequencies above the terahertz range, remains a challenging task. The experimental
realization of 3D and 2D motifs requires multiple and complicated nanolithography
steps, with precision in the nm-scale. By contrast, planar heterostructures and in
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particular metallodielectric multilayer HMMs, discussed in the previous chapter, are
straightforward to realize experimentally with well-established thin-film deposition
techniques (see discussion in Section 1.3). However, such heterostructures, along
with their all-dielectric counterparts, are generally considered non-magnetic [31, 32,
42, 46, 69, 76].

The rather simple geometrical structure of HMMs could drastically simplify the
means by which we harness artificial magnetism. Furthermore, their hyperbolic
dispersion constitutes them attractive candidates as a platform for investigating
magnetic effects. Particularly, in contrast to their assumed-to-be-trivial magnetic
response, their dielectric properties may be engineered at will along all coordinate
directions, yielding interesting hyperbolic and plasmonic effects. Exciting phenom-
ena attributed to dielectric hyperbolic response, εoεe < 0, include but are not limited
to negative refraction [31, 36, 38–40, 90] without the need of a negative refractive
index, hyper-lensing [9], extreme enhancement in the density of optical states [42]
and interface-bound plasmonic modes [8, 71, 91–94]. Nevertheless, all these intrigu-
iging physical effects and related applications are limited to TM polarization, while
phenomena related to TE polarized waves have remained largely unexplored. Uti-
lizing the effective magnetic response (i.e. µeff = diag{µo, µo, µe} , I) is necessary
to harness and control arbitrary light polarization (TE as well as TM).

Namely, a uniaxial material with εo < 0 while εe > 0 supports negative refraction of
phase for TM polarization. On the other hand, for εo > 0 while εe < 0, the material
supports negative refraction of phase for the same polarization [2]. Furthermore,
a plasmonic metal or a metamaterial with negative permittivity, ε < 0, supports
surface plasmonic waves. These properties are shown in the first quadrant of Fig.
3.3 and have been demonstrated with HMMs [31, 36, 38–40, 71, 90, 91].

By duality, a uniaxial material system with a hyperbolic magnetic response of the
form µo < 0 while µe > 0 can allow for negative refraction of phase for TE polar-
ization, demonstrated in the second quadrant of Fig. 3.3. Equivalently, if µo > 0
while µe < 0, negative refraction of energy would be supported for TE polarization
(fourth quadrant in Fig. 3.3). Similarly, a negative µ will yield magnetic plas-
mons for TE polarization, the magnetic counterpart of surface plasmon polaritons
(SPP), as demonstrated in the third quadrant of Fig. 3.3. Finally, gaining con-
trol over the magnetic permeability in planar systems can yield impedance-matched
epsilon-and-mu-near-zero (EMNZ) optical responses (Fig. 3.3-middle) [96]. While
it is straightforward to tailor the permittivity to cross zero in planar metamaterials
[97], a simultaneously EMNZ metamaterial at optical frequencies has not yet been
demonstrated. To date, none of the aforementioned exciting physical effects have
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Figure 3.3: Parameter space for µ and ε in uniaxial structures. First quad-
rant: engineered dielectric response yields TM-polarization plasmonic surface
waves (ε < 0) and hyperbolic metamaterials of type I (εe < 0) or II (εo < 0),
typically employed with metallic nanowires and metallodielectric multilayers,
respectively (HMM schematics adapted from [95]). Second and fourth quad-
rants: Engineerring µeff can yield TE-polarization hyperbolic response of type
II (µo < 0) or I (µe < 0), supporting negative refraction of phase and en-
ergy, respectively. Middle: ε and µ near zero (EMNZ) regime: phase diagram
demonstrating vanishing phase of incident light.

been demonstrated at high frequencies for TE polarization.

3.3 Artificial magnetism in 1D
Motivated to search for ways to induce artificial magnetism in planar systems, we
start by considering a single subwavelength dielectric slab of refractive index ndiel

and thickness d. When illuminated at normal incidence (z direction in Fig. 3.4a),
the displacement current ~Jd = iωεo(n2

diel−1) ~E induces a macroscopic effective mag-
netization ~Meff = 1/2µo

∫
(~r × ~Jd)dS [2, 25, 53]. By averaging the magnetic field,

〈H〉 =
∫ d/2
−d/2H (z)dz, we use µeff ' 1 +Meff/(µo〈H〉) to obtain an empirical closed-

form expression for the magnetic permeability:

µeff ' 1− n2
diel − 1
2n2

diel

{
−1 + ndielπd/λ

tan(ndielπd/λ)

}
(3.1)
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By setting ndiel = 1, we recover the unity magnetic permeability of free space. From
Eq. (3.1), we see that µeff diverges when tan(ndielπd/λ) = 0. This yields a magnetic
resonant behavior at free space wavelengths λ = ndield/ρ, with ρ = 1, 2, ... At these
wavelengths, the displacement current distribution is anti-symmetric, as shown in
Fig. 3.4b for ρ = 1, 2. This anti-symmetric current flow closes a loop in y = ±∞ and
induces a magnetization ~Meff that is opposite to the magnetic field of the incident
wave (Fig. 3.4a), leading to a magnetic resonance. Eq. (3.1) enables estimating the
design parameters for enhanced magnetic response; in the long-wavelength limit,
only the fundamental and second order resonances, λ = ndield, ndield/2, play signifi-
cant roles. In the visible and near IR, with layer thicknesses on the order of 10−100
nm, dielectric indices higher than ndiel ∼ 2 are required for strong magnetic effects
[98]. The same principle applies for grazing incidence, with the displacement current
inducing a magnetic response in the extraordinary or, out-of-plane (z) direction. So
far, we have shown that the circular shape designed to support a closed current loop
is not a requirement for magnetic metamaterials. A planar structure suffices, for
which the current loop closes in ± infinity.

In order to make this magnetic response significant, we extend this principle to
multilayer configurations. We first examine the case of two infinite parallel wires in
air, carrying opposite currents (Fig. 3.5a). Their net current distribution induces
a magnetic moment which scales with their distance, as dictated by ~Meff ∝ ~r × ~J .
This is directly equivalent to a layered configuration composed of two high-index
dielectrics separated by air. Their displacement current distribution can be anti-
symmetric on resonance, as shown in Fig. 3.5b. By calculating their magnetic

Havg

d x yz

(a)

z (in d)-1/2
-2
-1

2
1
0

1/20

Re
(J d

) a
.u.

(b)
ρ=1
ρ=2

Meff

Jd

Jd

1D
Figure 3.4: A 1D dielectric slab suffices for inducing artificial magnetism. (a)
~Havg is the average magnetic field which faces in the direction opposite to ~Meff .
(b) Displacement current distribution at resonance for ρ = 1, ρ = 2, for a 90
nm slab of refractive index ndiel = 4.5.
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permeability µeff [47], we confirm the magnetic character of this arrangement. As
shown with the black curve in Fig.3.5c, µeff strongly deviates from unity.

The planar geometry does not require that the two high-index layers be separated by
air; any sequence of alternating high-low-high refractive index materials will induce
the same effect. For example, replacing the air region with a layer of metal, with
nmetal < 1 at visible wavelengths, does not drastically change the magnetic response.
This is shown in Fig. 3.5c with the red curve for a separation layer of silver. There-
fore, at optical frequencies, metals do not contribute significantly to the magnetic
response in this planar configuration. This is in contrast to the gigahertz regime,
where the conduction current in the metallic components of resonant structures has
been necessary for strong magnetic effects [79–82]. From the magnetic field distri-
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Figure 3.5: Enhancing 1D artificial magnetism with multilayer configurations.
(a) Two infinite wires carrying opposite currents are equivalent to (b) two
dielectric layers (blue shaded regions) separated by air (pink shaded region)
in terms of their current distribution. Arrows in (b) indicate the direction of
~Jd, which is anti-symmetric at resonance. (c) Effective permeability for two
dielectric layers separated by air and silver. Inset: tangential magnetic field
distribution at resonance: average magnetic field is opposite to ~Meff .
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bution shown in the inset of Fig. 3.5c, one can see that the average magnetic field
faces in the direction opposite to the magnetization, expressing a negative magnetic
response for the dielectric/silver unit cell.

3.4 Another sanity check: Impedance matching
Here we showed that planar configurations, consisting of either metallodielectric
multilayer HMMs or alternating high- and low-refractive index layers, possess mag-
netic properties. We are able to compute their magnetic permeability by utilizing
an S-parameter retrieval-based approach (discussed in Chapter 2 and in [47]). Con-
trary to previously used EMA-based approaches that assume an infinite periodic
arrangement [31, 32, 42, 46, 69, 76], our approach accounts for the finite thickness
of the metamaterial. By lifting the assumption of an infinite medium, both trans-
mission T and reflection R coefficients can be computed and utilized. This allows
obtaining an effective wavenumber keff together with an effective impedance Zeff [58,
99]. These parameters are then used to decouple the effective permittivity from the
permeability through keff =

√
εeffµeff

ω
c and Zeff =

√
µeff
εeff

. By contrast, Bloch-based
approaches [1, 69] only consider a Bloch wavenumber KBloch, with no other infor-
mation available for allowing decoupling µeff from εeff (for details see Section 2.3).
Both the Maxwell Garnett EMA [46] and its Bloch-based generalizations (for exam-
ple [69]) are based on the assumption that µeff = 1. For a more detailed discussion
see Chapter 2.

By letting the magnetic permeability µeff be a free parameter, instead of a priori
setting µeff = 1, we obtain magnetic resonances at wavelengths where magnetic
dipole moments occur, as demonstrated in Figs. 3.4b, Fig. 3.5 b, c. This confirms
the physicality of the non-unity µ; magnetic resonances arise at wavelengths where
the system supports loop-like current distributions.

Another way to establish the validity of the effective parameters is to perform an
impedance-matching sanity check in the low loss limit. Based on electromagnetic
theory, the impedance of a structure at normal incidence, Zeff =

√
µo
εo
, must be unity

at transmittance |T |2 maxima. As seen in Figs. 3.6a and b, the retrieved parame-
ters εo and µo accurately describe the scattering properties of both metallodielectric
and all-dielectric metamaterials of finite thickness, respectively. By contrast, not
accounting for a magnetic permeability leads to inaccurate prediction of transmit-
tance maxima. This is seen both by our S-retrieval-based approach while setting a
priori the magnetic permeability to unity (Zµ=1), and with the traditional EMA;
both approaches fail to predict the resonances.

In what follows, we focus on metallodielectric multilayer metamaterials due to their
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Figure 3.6: Impedance matching sanity check at normal incidence for (a) a
twenty-five layers dielectric/Ag metamaterial, for ndiel = 4 and for (b) a seven-
teen layers all-dielectric ndiel = 4.5/air metamaterial. The transmittance |T |2
calculation (blue solid line) was performed with the transfer-matrix formal-
ism for the physical multilayer system in the lossless limit. The dielectric and
magnetic effective model (Zeff =

√
µoεo) (red solid line) accurately captures

the resonances unlike the non-magnetic approach (Zµeff=1) (red dashed line)
and the Maxwell Garnett EMA (black solid line).
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interesting hyperbolic response. We show experimentally that it is possible to induce
a significant additional magnetic response if the dielectric layers are composed of
high-index materials that are capable of supporting strong displacement currents at
optical frequencies.

3.5 Experimental method: Spectroscopic ellipsometry for metamateri-
als

In order to experimentally validate the theoretical findings discussed in the previous
sections, we fabricated metamaterials composed of SiO2/Ag, TiO2/Ag and Ge/Ag
alternating layers. These dielectrics, with refractive indices at optical frequencies
ranging from nSiO2 ' 1.5 to nTiO2 ' 2 and nGe ' 4− 4.5, were selected in order to
demonstrate experimentally that as the refractive index is increased, the magnetic
effects are enhanced, as the empirical formula of Eq. (3.1) suggests. We prepared
the layered SiO2/Ag, TiO2/Ag metamaterials by electron-beam evaporation onto Ge
substrates. The Ge/Ag sample was deposited on a Si substrate to avoid interface
effects with the first Ge layer. All samples discussed in this work contain layers of 30
nm of Ag. Each Ag layer was deposited by first seeding a 2 nm AgO layer that was
reduced to Ag under vacuum, a process followed for obtaining smoother interfaces
[100]. Atomic force microscopy measurements indicated Ag roughness of 2.13 nm.
The thickness of the Ge, TiO2, and SiO2 was aimed to be 40 nm. Deviations from
the aimed thicknesses were measured with TEM, varying ±20 nm. TEM images of
the fabricated samples are displayed in Fig. 3.7.

First we measured the optical constants of the individual constituent layers in a vari-
able angle spectroscopic ellipsometer (VASE) system from J. A. Woollam. We also
determined their thicknesses with TEM imaging. We refer to this step as for forward
problem, as indicated in the schematic of Fig. 3.8. Specifically, it pertains to fitting

SiO2/Ag(a) TiO2/Ag(b) Ge/Ag(c)

50 nm 50 nm 100 nm

Figure 3.7: Transmission electron microscopy (TEM) images of fabricated
samples. (a) SiO2/Ag metamaterial, (b) TiO2/Ag metamaterial, (c) Ge/Ag
metamaterial.
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metamaterials. The forward problem involves fitting the experimental data
using the physical multilayer geometry whereas the inverse problem pertains to
the fitting of the effective parameters to the raw experimental data in a uniaxial
and Kramers-Kronig consistent model (Meta6 from WVASE (Woollam Co.)).

the experimental data using the physical multilayer structure. By experimentally
determining the thickness and optical properties of the metamaterials constituent
layers, we were able to homogenize them by assigning them effective parameters
(εo, εe, µo, µe) [47], while taking into account fabrication imperfections. We then
performed ellipsometric measurements of the full metamaterial stacks and fitted the
experimental data with the effective parameters we computed, in a uniaxial and
Kramers-Kronig consistent model, while the total metamaterial thickness was held
to the value determined through TEM. The fittings were over-determined as the
number of incident angles exceeded the total number of fitted parameters. Addi-
tionally, we performed fittings using the EMA model for comparison. The VASE
system utilizes a Levenberg-Marquardt regression algorithm for the fittings. We use
the META6 model of WVASE to incorporate the uniaxial anisotropy.

3.6 Experimental verification of artificial magnetism in 1D
Here we display the fitted effective parameters εo, εe, µo, µe obtained through spec-
troscopic ellipsometry for the three samples discussed in Fig. 3.7. As expected
from the previous sections, these metamaterials are hyperbolic in terms of their
permittivity (in other words they are hyperbolic for TM polarization), i.e. εoεe < 0.
Importantly, we confirm their magnetic character as their magnetic permeability
deviates from unity along all coordinate directions.
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Figure 3.9: Experimentally determined (a) µo, (b) εo, (c) µe, (d) εe for
SiO2/Ag-green, TiO2/Ag-blue, Ge/Ag-red metamaterials. Solid lines-real
parts, dashed lines-imaginary parts. Shaded regions in (a) indicate the regime
of magnetic resonances in µo for the studied metamaterials. Asterisks in (a)
and (b) indicate the EMNZ wavelength for the Ge/Ag metamaterial. The
EMNZ condition is confirmed by a vanishing phase of the transmission coeffi-
cient at the EMNZ wavelength, shown in the inset of (a).

Namely, Fig. 3.9a shows that increasing the dielectric index redshifts the magnetic
resonance in the ordinary direction µo; the SiO2/Ag metamaterial supports a mag-
netic resonance in the long-wavelength ultraviolet (UV) regime (∼300 nm), whereas
the TiO2/Ag and Ge/Ag metamaterials exhibit resonances in the blue (450 nm) and
red (800 nm) part of the spectrum, respectively. The enhanced absorption in Ge
at optical frequencies leads to considerable broadening of the Ge/Ag metamaterial
magnetic resonance, yielding a broadband negative magnetic permeability for wave-
lengths above 800 nm. We note that previously reported metallodielectric HMMs
have primarily featured dielectric layers with lower-refractive indices, such as LiF
[101], Al2O3 [76, 102, 103] and TiO2 [42]. Fig. 3.9 shows that, for layer thick-
nesses below ∼50 nm, these lower-index dielectric/metal systems exhibit magnetic
resonances in the UV-short wavelength visible regime.

Furthermore, the presence of Ag induces a negative ordinary permittivity εo (Fig.
3.9b), which, for the Ge/Ag metamaterial, becomes positive above 800 nm due to the
high-index of Ge. Notably, εo crosses zero at 800 nm, similar to µo, as emphasized
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Figure 3.10: Panel pairs ((a), (b)), ((c), (d)) and ((e), (f)) show the agreement
between raw experimental data, Ψ and ∆, and the ellipsometric fitting, for the
SiO2/Ag, TiO2/Ag and Ge/Ag metamaterial, respectively. Shaded regions
in (a), (b) emphasize the disagreement between experimental data and the
effective medium approximation (EMA).

with the asterisks in Figs. 3.9a, b. Thus, the Ge/Ag metamaterial exhibits an EMNZ
response at optical frequencies. The EMNZ condition is confirmed by transfer-
matrix analytical calculations of the physical multilayer structure. As shown in
the inset of Fig. 3.9a, the phase of the transmission coefficient vanishes at the
EMNZ wavelength, demonstrating that electromagnetic fields propagate inside the
metamaterial without phase advance [96].

By comparing µo and µe in Figs. 3.9a and c, respectively, one infers that increas-
ing the dielectric index leads to enhanced magnetic anisotropy. The parameter µe

only slightly deviates from µo for the SiO2/Ag metamaterial, while the deviation
is larger for the TiO2/Ag one. For the Ge/Ag metamaterial, µe remains positive
beyond 800 nm, while µo < 0, indicating magnetic hyperbolic response for TE po-
larization. Furthermore, all three heterostructures exhibit hyperbolic response for
TM polarization, with εo < 0 and εe > 0 (Figs. 3.9b, d). Consequently, the Ge/Ag
metamaterial possesses double hyperbolic dispersion.

The ellipsometrically measured parameters Ψ and ∆ correspond to the relative
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change of polarization state in amplitude and phase, respectively, of a reflected
beam off a sample. With respect to the complex reflection coefficients for TM and
TE polarization, rTM and rTE, Ψ and ∆ are defined as rTM/rTE = tan(Ψ)ei∆.

Figs. 3.10a-f demonstrate excellent agreement between fitting and raw experimental
data. In Figs. 3.10a, b, we also provide a Maxwell Garnett EMA-based fit for the
SiO2/Ag metamaterial. The EMA fails to reproduce the experimentally measured
features, in both Ψ and ∆ (grey-shaded regions in Figs. 3.10a, b), which correspond
to magnetic permeability resonances, as can be seen in Fig. 3.9a. These findings
are consistent with the results discussed in Fig. 3.6. Similar EMA-based fits for
the TiO2/Ag and Ge/Ag metamaterials lead to large disagreement with the experi-
mental data across the whole visible-near IR spectrum and are, thus, omitted. This
disagreement is expected, as the EMA approach is based on the assumption that
the electric field exhibits negligible or no variation within the lattice period [46],
which does not apply to high-index dielectric layers (see Section 2.2 for details).

It should be noted that the dielectric hyperbolic response εoεe < 0 is broadband in
planar systems, as seen in Figs. 3.9b, d. In contrast, the magnetic permeabilities
deviate from unity in a resonant manner along both coordinate directions µo and
µe, thereby making TE polarization-based phenomena more narrow-band in nature.

Here we established, theoretically and experimentally, that metallodielectric layered
systems may be described with an effective magnetic permeability that deviates from
unity across all coordinate directions. The purpose of introducing this parameter
is to build a simple and intuitive description for understanding and predicting new
phenomena, such as TE polarization response in planar systems. In what follows we
discuss how the non-unity and, in particular, the negative and anisotropic magnetic
response that we demonstrated (Fig. 3.9) manifests itself in the characteristics of
TE polarized propagating modes (Fig. 3.11) and surface waves (Fig. 3.12).

3.7 Implications of µ , 1 for bulk propagating modes
We utilize an example system of dielectric/silver alternating layers, similar to the one
we investigate experimentally. To emphasize that enhanced magnetic response at
optical frequencies requires high-index dielectrics, we let the refractive index of the
dielectric material ndiel vary. The calculations and full-wave simulations presented
here are performed in the actual, physical, multilayer geometry (Figs. 3.11a, d, e
and Fig. 3.12) and compared with the homogeneous effective slab picture (εeff , µeff

- Figs. 3.11b, c). This helps assess the validity of our model and emphasize the
physicality of the magnetic resonances.

First, we perform transfer-matrix calculations for the example multilayer metama-
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terial and we show in Fig. 3.11a the angle dependence for TE and TM reflectance.
The strong angle dependence for TM polarization is well understood in the context
of an equivalent homogeneous material with anisotropic effective dielectric response
εoεe < 0. Bulk TM modes experience dispersion

k2
x + k

2
y

εe(ω,~k)µo(ω,~k)
+

k2
z

εo(ω,~k)µo(ω,~k)
= k2

o (3.2)

where ko = ω/c. This dispersion is hyperbolic, as shown with isofrequency diagrams
in Fig. 3.11b. Losses and spatial dispersion perturb the perfect hyperbolic shape
[32]. In contrast to the TM modes, TE bulk modes interact with the magnetic
anisotropy through the dispersion equation

k2
x + k

2
y

εo(ω,~k)µe(ω,~k)
+

k2
z

εo(ω,~k)µo(ω,~k)
= k2

o (3.3)

which is plotted in Fig. 3.11c. For small wavenumbers (k///ko < 1) and small dielec-
tric indices ndiel, the isofrequency diagrams are circular, in other words, isotropic.
This agrees well with our experimental results; as shown in Figs. 3.9a, c, for the
SiO2/Ag metamaterial, ordinary and extraordinary permeabilities do not drasti-
cally deviate from each other. Increasing the dielectric index opens the isofrequency
contours, due to enhanced magnetic response in the ordinary direction (µo), which
leads to magnetic anisotropy. We note that the displayed wavelengths are selected
at resonances of µo. Open TE polarization isofrequency contours for ndiel ≥ 2 are
also consistent with experimental results; as shown in Fig. 3.9 for TiO2 and Ge-
based metamaterials, increasing ndiel enhances the anisotropy. This also agrees well
with the picture of the physical multilayer structure, as shown in Fig. 3.11a; the
TE reflectance indeed exhibits extreme angle dependence for increasing dielectric
index. Strikingly, we observe a Brewster angle effect for TE polarization, which
is unattainable in natural materials due to unity magnetic permeability at optical
frequencies [104].

An open isofrequency surface can yield an enhancement in the density of optical
states relative to free space. Physically, this may lead to strong interaction between
incident light and a hyperbolic structure, and enhanced absorption when it is pos-
sible to couple to large wavenumbers from the surrounding medium [105, 106]. So
far, only TM polarization has been considered to experience this exotic hyperbolic
response in planar metallodielectric metamaterials, due to εoεe < 0 [32, 42, 76].
Based on the open isofrequency surfaces for both TE and TM polarizations in Figs.
3.11b, c, a high-index dielectric/metal multilayer metamaterial may exhibit dis-
tinct frequency regimes of double, that is, simultaneously TE and TM polarization,
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hyperbolic-like response. To confirm this, we perform finite element simulations of
a (ndiel = 4)/silver multilayer metamaterial for both linear polarizations and set
the index of the surrounding medium to nsur = 1.55 to allow coupling to larger
wavenumbers. To facilitate visualizing the interaction between the fields and the
metamaterial, we consider a thick structure consisting of fifty-five layers. Without
loss of generality, we carry out the simulation in the low loss limit to unveil the
physics while avoiding side effects due to losses. Fig. 3.11d demonstrates the well-
known TM hyperbolic response since the electric field is strongly localized within
the multilayer. Switching the polarization to TE (Fig. 3.11e), we observe similar
hyperbolic behavior, which, however, cannot be attributed to dielectric anisotropic
response as the electric field only experiences the in-plane dielectric permittivity εo
(Eq.(3.3)). The TE enhanced absorption is associated with the µoµe < 0 condition
[107]; the number of TE modes supported by this metamaterial in this frequency
regime is drastically increased. For a more technical discussion regarding the count-
ing of optical states, see Appendix A.2.

3.8 Implications of µ , 1 for surface waves
Here we investigate surface wave propagation in our example system of a layered di-
electric (ndiel)/silver metamaterial. In order to identify the structure’s eigenmodes,
we utilize the mode condition A(ω, k//) = 0, where A is the 1-1 element of the trans-
fer matrix for the layered system (see Eqs. (2.15)-(2.17) in the previous chapter) [1].
We implement this condition numerically using the reflection pole method [108]. In
order to ensure surface-confined propagation with fields decaying in air and in the
metamaterial, we impose an additional constraint for the waves to be located in the
optical band gaps of both bounding media. We discuss our methodology in detail
in Section 4.3.

Fig. 3.12a displays the dispersion for TM polarization. The identified surface waves
bear similarity to typical SPPs on metallic interfaces [92, 109] and to plasmonic
waves in metallodielectric waveguides and systems [93]. Their plasmonic nature is
evident as their dispersion asymptotically approaches the surface plasma frequency,
similar to SPPs. We show in Fig. 3.12c their field distribution (dashed lines), and
compare to SPPs on an equivalent silver slab (black dotted lines). Such TM surface
waves on metamaterial interfaces are often associated with an effective negative
dielectric response [71, 91, 94]. This is consistent with our effective dielectric and
magnetic model; as we showed experimentally in Fig. 3.9b, the ordinary permittivity
is negative εo < 0.

Performing the same analysis for TE polarized waves, we find that TE surface-
bound modes also exist (Fig. 3.12b). Their dispersion is parabolic, resembling that
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of Tamm states in photonic crystals [94, 110]. However, here, we show that they
also exist in the subwavelength metamaterial limit and can coexist with typical TM
plasmonic surface waves. TE polarized Tamm states have been previously associated
only qualitatively with some arbitrary negative net magnetic response [94]. Here,
we confirm this hypothesis and explicitly connect the dispersion of Tamm states in
planar metamaterials to values of magnetic permeabilities that were experimentally
measured (Fig. 3.9). We further identify their physical origin, which is the strong
displacement current supported in high-index dielectric layers with a loop-like dis-
tribution on resonance. These TE surface waves emerge in the visible regime for
dielectric layers with refractive index ndiel ≥ 2 (Fig. 3.12b), at frequencies where
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the metamaterial exhibits a negative effective magnetic response. For this reason,
these states may be seen as magnetic plasmons.

The frequency regimes in which double surface waves are supported demonstrate
the possibility of exciting TM polarized plasmonic modes simultaneously with their
TE counterparts in dielectric/metal pattern-free multilayers.

3.9 Conclusion
Here we have shown that non-unity effective magnetic permeability at optical fre-
quencies can be obtained in 1D multilayer systems, arising from displacement cur-
rents in dielectric layers [12]. This makes it possible to tailor the magnetic response
of planar hyperbolic metamaterials, which have been previously explored only for
their dielectric permittivity features.

We experimentally demonstrated negative in-plane magnetic permeability in pla-
nar structures, which can lead to double hyperbolic metamaterials. This magnetic
character was verified by performing simple impedance matching sanity checks that
demonstrated the inadequacy of previously used EMA-based approaches for de-
scribing planar metamaterials of finite thickness, and the necessity to account for
the magnetic permeability parameter.

By studying bulk and surface wave propagation, we have identified frequency regimes
of a rather polarization-insensitive response. We reported the existence of TE po-
larized magnetic surface plasmons, attributed to negative magnetic permeability,
which are complementary to typical TM polarized surface plasmonic modes in ma-
terials with negative dielectric permittivity. The results reported here can open new
directions for tailoring wave propagation in artificial magnetic media in significantly
simplified layered systems. The reported findings may enable the generalization of
the unique properties of plasmonics and hyperbolic metamaterials, previously ex-
plored for TM polarized waves and negative permittivity media, for unpolarized
light at optical frequencies.

The topic of unpolarized surface waves is of special interest; at optical frequen-
cies, only the dielectric permittivity ε obtains negative values in natural material
systems. Hence, typical SPPs are polarization dependent. Here we demonstrated
that an artificial µeff < 0 may be obtained with simple multilayer configurations,
utilizing materials with relatively large refractive indices, for example Ge at optical
frequencies. This realization motivates us to seek, in Chapter 4, for simplified ma-
terial systems that can support omnipolarization surface-confined waves that can
compete with SPPs in terms of propagation distance and confinement.
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C h a p t e r 4

BEYOND PLASMONS: OMNIPOLARIZATION SURFACE
WAVES

“God made the bulk; the surface was invented by the devil.”

Wolfgang Pauli

4.1 “Large permittivity begets high-frequency magnetism”
Electromagnetic surface waves and their interaction with matter provide a path
for tailoring near-field optical phenomena. The rise of plasmonics holds promise
for advancing a broad range of applications in medical technology [111], chemistry
[112], lasers [113–115] and luminescence [116, 117], among others. Plasmons are
coherent electron oscillations that propagate on a metallic surface [109]. Their
intriguing properties originate from the special dispersion characteristics of Drude
metals, and their uniqueness lies in their large mode confinement. Particularly, the
frequency dispersion of a surface plasmon polariton (SPP) exhibits a characteristic
asymptotically increasing in-plane wavenumber (Fig. 4.4), which is unbound in the
lossless limit. Hence the modal wavelength of a surface plasmonic mode on a noble
metal interface can be up to ten times reduced compared to free-space wavelengths
[118]. For systems involving graphene, this confinement factor can even reach values
of hundreds [119–121]. Despite their extraordinary properties, surface plasmonic
waves are limited by polarization; they require an out-of plane electric field for their
excitation, which makes them relevant only for TM polarized fields.

Most generally, the excitation of a TM polarized surface wave requires a mate-
rial with negative dielectric permittivity ε. Apart from plasmonic metals with
a broadband ε < 0 below their plasma frequency, this response is also found at
the Reststrahlen band of polar dielectric materials (red highlighted region in Fig.
4.1). Particularly, the permittivity of polar dielectric materials exhibits Lorentzian-
shaped resonances, typically at mid-far IR frequencies, as a consequence of lattice
vibrations, c.f. phonons, in their crystal structure. The Reststrahlen band’s ε < 0
allows for excitation of surface phonon polaritons (SPhP), which are similar to SPPs
but originate from bound charge oscillations in dielectrics, contrary to free charge
carriers in metals [122–124].

A TE-equivalent to the SPP or SPhP requires a material with µ < 0, however natural
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magnetism typically vanishes at IR and visible frequencies [2, 11, 98] and magnetic
plasmons do not occur naturally [12]. Motivated by this natural asymmetry, in
Chapter 3 we demonstrated that layered 1D metamaterials can exhibit artificial
magnetic properties. As a consequence, we showed that, as an alternative to a
homogeneous material with µ < 0, one can engineer layered systems with effective
magnetic properties to support TE polarized surface waves simultaneously with
their TM (plasmonic) counterparts [12]. From previous surface waves reports in
layered media [94, 110, 125–128], it is unclear what material properties are required
for achieving simultaneously TE and TM surface wave excitation. By contrast, in
Chapter 3, we identified the origin of the artificial magnetic properties we report; it is
the strong displacement current loops in dielectric layers that induces non-vanishing
magnetic dipole moments.

The displacement current in a dielectric material is ~Jd = iωεo(ε−1) ~E, therefore sys-
tems that contain high-permittivity materials will support a stronger displacement
current. As natural magnetism vanishes at high frequencies, high-permittivity ma-
terials provide an alternative to inducing artificial magnetism and its implications
[11, 12, 98], one of which is the appearance of TE surface waves. This realization
is nicely captured in the title of the seminal work by R. Merlin in [98]; “Large
permittivity begets high-frequency magnetism”.

In this chapter, we aim to alleviate the polarization dependence of SPPs and SPhPs,
by searching for high-permittivity material systems that can accommodate TM po-
larized surface waves simultaneously with their TE counterparts, with degree of
confinement similar to plasmons. In contrast to Chapter 3, where we focused on
the geometrical structure of multilayer metamaterials, here we focus on simple con-
figurations of single layers and, therefore, we search the material requirements for
omnipolarization surface-confined wave propagation. In search for high-permittivity
materials, we resort to dielectric and semiconducting systems that exhibit resonances
at which the real part of their dielectric permittivity can reach very large values, on
the order of hundreds (Fig. 4.1).

Such resonances can be found at IR frequencies near the phonon energies of polar
dielectric materials, at the red side of their Reststrahlen band (see red curve in the
green highlighted region in Fig. 4.1). Materials with strong phonon resonances are,
among others, boron nitride (BN) [123, 130], silicon carbide (SiC) [124, 131, 132],
silicon dioxide (SiO2) [132], aluminum dioxide (Al2O3) and titanium dioxide (TiO2)
(see Fig. 4.2b). We emphasize that, in contrast to previous reports [123, 124, 131,
132] that focus on the Reststrahlen band and therefore on TM polarized SPhPs,
here, we focus on the large positive dielectric permittivity regime of polar dielectrics
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Figure 4.1: High permittivity resonances in polar dielectrics and excitonic ma-
terials. Red-Dielectric permittivity of a polar dielectric: ωTO and ωLO corre-
spond to the transverse and longitudinal optical phonon energies, respectively
[122]. Blue-Dielectric permittivity of an excitonic resonance, for example in
TMDCs [129].

near their phonon energies. We demonstrate that, under certain conditions, polar
dielectrics can support highly-confined surface waves for both linear polarizations.

Apart from phonons, other quasiparticles that support permittivity resonances at
visible frequencies are excitons [134] in semiconducting materials. At their transition
energies, they exhibit considerably large values of dielectric permittivity, without the
negative permittivity regime of polar dielectrics, as shown with the blue curve in Fig.
4.1. Strong excitonic resonances can be found in typical semiconductors, for example
Si, Ge, GaAs, or InP, as well as in a new emerging classes of two-dimensional mate-
rials, namely transition-metal dichalcogenides (TMDCs), for example molybdenum
diselenide (MoS2) and tungsten disulfide (WS2) [128, 129] (see Fig. 4.2a).

The chapter is organized as follows. In Section 4.2, we outline a concept for surpass-
ing the polarization dependence of plasmonics, and discuss material requirements
that can yield omnipolarization surface waves with confinement factors that can
compete with SPPs. In Section 4.3 we introduce a computational approach for sur-
face wave calculations, inspired by the parameter retrieval that we introduced in
Chapter 2. Although here we focus on single-layer configurations, our method is
general and applies to any layered medium at any scale (c.f. metamaterial subwave-
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Figure 4.3: (a) A guided mode exists for TM polarization at the interface
between media with opposite dielectric permittivities. This mode can be either
a SPP or a SPhP on a plasmonic metal or a polar dielectric, respectively. (b)
A mode can be guided inside a slab of a dielectric material with ε(ω) > 0, if
it is bounded by media with lower dielectric permittivities, ε1,2 < ε(ω). The
mode can be either TM or TE polarized.

length regime or thicker layers). It allows simultaneous determination of the band
structure and all the eigenmodes supported in arbitrary layered systems of finite
thickness. In Section 4.4 we introduce figures of merit for assessing the characteris-
tics of surface waves. In Sections 4.5 and 4.6 we discuss the surface wave dispersion
characteristics in plasmonic metals, polar dielectrics, and excitonic materials. These
quasiparticles, namely plasmons, phonons, and excitons serve as a canvas of excita-
tions for investigating omnipolarization surface wave propagation. In Sections 4.5,
4.7, 4.8 we consider realistic scenarios and show that certain materials, for example
SiC and WS2 at IR and visible frequencies, respectively, are promising candidates
for supporting omnipolarization, phase-matched surface wave propagation that re-
sembles the SPP dispersion. We compare our results with typical SPPs on Ag.
Finally, in Sections 4.9, 4.10 we theoretically investigate the parameter space in
which combinations of plasmons with phonons and excitons, respectively, can yield
omnipolarization surface waves.

4.2 Material requirements for surface-confined propagation beyond plas-
monics

We start our investigation by revisiting the boundary condition problem depicted in
Fig. 4.3a, namely surface wave propagation at the interface between two unbound
media with dielectric permittivities ε1 > 0 and ε(ω). As is well known (see [109]), this
problem has surface propagating solutions only for ε(ω) < 0 and for TM polarization.
By considering a Drude metal, we model the dielectric permittivity ε(ω) with
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εm(ω) = ε∞,m(1−
ω2

p
ω2 + iωγm

) (4.1)

where ωp is the plasma frequency, γm the free carrier collision frequency, and ε∞,m
is the high-frequency limit of the permittivity. Solution to the boundary condition
problem of Fig. 4.3a yields the plasmonic dispersion

k//SPP(ω) =

√
ε(ω)ε1
ε(ω) + ε1

ko (4.2)

where k//SPP is the in-plane wavenumber of the SPP surface wave, while ko = ω/c

is the free-space wavenumber. By considering the permittivity of Eq. (4.1) in the
lossless limit, we display in Fig. 4.4 (black curve) the dispersion of a SPP mode,
which asymptotically approaches to the value of ∼ ωp/

√
2, as expected for ε1 = 1

[109]. We note that the x-axis (k//) in Fig.4.4 is normalized to ko in order to provide
a direct estimate of the confinement. Namely, the effective wavelength of a surface
wave is given by λeff = 2π/Re(k//), hence the parameter Re(k//)/ko = λo/λeff

represents the number of mode wavelengths that fit into the free-space wavelength
of excitation, λo. Solutions for TE polarization do not exist for non-magnetic media;
a TE polarized magnetic surface plasmon would require µ(ω) < 0, however at high
frequencies, µ = 1 in natural materials (see Chapter 3, [11, 12, 98]).

Now let us consider another waveguiding problem, that depicted in Fig. 4.3b, as-
suming positive values of dielectric permittivity, ε1,2, ε(ω) > 0. In the absence of
frequency dispersion for the intermediate layer ε , f (ω), this problem is the 1D
version of a famous problem in silicon photonics; that of waveguiding optical power
at a Si waveguide on an SiO2 substrate. At the telecommunication frequency band
near λo ∼ 1.5 µm, we have nSi = 3.4 and nSiO2 = 1.55, and the dispersion of the
waveguide is bounded between nSiO2 ≤ k//(ω)/ko ≤ nSi. This regime of in-plane
wavenumbers is highlighted in Fig. 4.4 with blue color. The guided modes can be
either TE or TM polarized, or both, depending on the thickness of the intermediate
layer, d.

Similar conclusions can be made for any high-εmaterial slab between regions of lower
ε1,2 in Fig. 4.3b; assuming that the top region is air (ε1 = 1), the frequency dispersion
of k//(ω) will be bounded by the largest value of ε. Wave propagation inside the
intermediate layer of thickness d in Fig. 4.3b is described via k2

//+k
2
z = ε(ω)k2

o, where
kz is the out-of-plane wavenumber. As explained above, the quantity k// defines the
degree of confinement of an interface-localized wave. Hence, its maximum possible
value
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Figure 4.4: Black line corresponds to the SPP dispersion k//SPP =
√

ε(ω)ε1
ε(ω)+ε1

ko,
for a Drude material with ε(ω) < 0 (Eq. (4.1)), while ε1 = 1 (see Fig. 4.3a).
Red and cyan curves correspond to k//max =

√
ε(ω)ko for the boundary condi-

tion problem in Fig. 4.3b, where ε(ω) is the high-ε permittivity of an excitonic
material or a polar dielectric, at visible and IR frequencies, respectively, with
γd,I = 0.1γd,II (Eq. (4.4)), or QI = 10QII. Inset shows the imaginary part of
k//, which corresponds to the losses along the propagation direction. We note
that here we considered ωp ∼ ωTO, with respect to Eqs. (4.1), (4.4).

k//max =
√
ε(ω)ko (4.3)

highlights that the requirement for highly-confined mode is the large value of ε(ω).
As mentioned in Section 4.1, high-permittivity resonances are found in polar di-
electric and excitonic materials, at IR and visible frequencies, respectively. The
permittivity dispersion of a polar dielectric material can be modeled with [124]

εphon(ω) = ε∞,d(1 + ω2
LO − ω2

TO
ω2

TO − ω2 − iωγd
) (4.4)

In Eq. (4.4), ωLO and ωTO correspond to the longitudinal and transverse phonon
energies, respectively, and γd is the inverse phonon lifetime (Fig. 4.1). We note that
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solution to the boundary condition problem depicted in Fig. 4.3a for frequencies
ω at the Reststrahlen band of a polar dielectric material (εphon < 0) will yield the
SPhP dispersion, similar to SPPs, as we discuss in what follows (see Section 4.6).
The permittivity of an excitonic material can also be modeled with Eq. (4.4), using
a very large offset ε∞,exc to exclude the ε < 0 frequency regime (Reststrahlen band
in Fig. 4.1). For example, with Eq. (4.4), typical TMDCs [129] and semiconducting
systems are modeled well at visible frequencies.

By considering a Lorentzian-shaped permittivity resonance of the form in Eq. (4.4),
we select ωTO (Eq. (4.4)) close to ωp (Eq. (4.1)), and we display in Fig. 4.4 the
parameter k//max (Eq. (4.3)). As can be seen, due to the high-ε regime, k// can
compete with k//SPP, and the modes due to high-ε can, in principle, be as confined
as typical SPPs on Drude metals. However, as can be seen from Fig. 4.1, at
the high-ε regime of polar dielectrics or excitonic materials, losses (Im(ε)) are also
increased, therefore dramatically decreasing the propagation distance of supported
modes. The losses in polar dielectric and excitonic materials are defined by the
inverse of the phonon and exciton lifetime, respectively, shown in Fig. 4.1 with the
generic parameter γd, which defines the width of the permittivity resonance. In
Fig. 4.4 we consider two different values of γd,I,II, with γd,I = 0.1γd,II. As can be
from the parameter Im(k//max) displayed in the inset of Fig. 4.4, small values of
γd yield longer-distance mode propagation. It is useful to introduce the material
quality factor, defined as

Q =
ωTO
γd

(4.5)

From the two different values of γd,I,II in Fig. 4.4, we have QI = 10QII. It is clear
that the parameter Q ought to be large for large propagation distances and high-
confinement factors. Hence, here we focus on high-Q polar dielectric and excitonic
materials at IR and visible frequencies, respectively, and seek for omnipolarization
surface-localized wave propagation.

Prior to delving into the details of designing material systems that support highly-
confined surface-localized wave propagation for both linear polarizations, we outline
in the following section our computational approach.

4.3 Generalized retrieval approach for surface wave computations
The problem of a wave propagating at a single interface between two media may
be analytically treated [109], however larger systems require semi-analytical or nu-
merical approaches [93, 109, 135]. Although in the following sections we focus on
either single interfaces or single slabs, we note that interesting physical effects also
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arise in multilayer heterostructures [12, 94, 110, 125–127]. For example, typical
photonic, leaky modes appear at the pass-bands of all-dielectric, infinite periodic
photonic crystals [1], while hybrid plasmonic modes arise in metallodielectric multi-
layer waveguides [93] and subwavelength hyperbolic metamaterials [12, 32, 71]. For
multilayer heterostructures that include more than two interfaces, numerical ap-
proaches are typically employed for computing the propagation constants of surface
waves [108, 136–144]. The majority of previous approaches is limited in applicability
in that they are either only able to handle a small number of interfaces [140] or an
infinite arrangement [1], or in that they are not able to distinguish between photonic
and surface-confined modes. By contrast, the method presented here applies to any
layered configuration and allows distinction between photonic and surface-confined
eigenmodes.

In Fig. 4.5 we distinguish between photonic modes and surface-confined ones. A
photonic mode is defined as one that exhibits sinusoidal propagation in the direc-
tion normal to the interface, inside the medium of interest (which can be either a
homogeneous material or a composite medium), as shown in Fig. 4.5a. Hence, a
photonic or leaky mode is not strongly confined to the interface between two me-
dia. Mathematically, assuming propagation of the form ∼ ei(k//x+keffz−ωt), where
keff = kz, this translates to an out-of-plane propagation constant keff that is purely
real in all-dielectric media, or has Re(keff ) � Im(keff ) in lossy media. By contrast,
a surface-confined mode is one that exponentially decays away from the waveguid-
ing interface, as shown in Fig. 4.5b. In mathematical terms, this corresponds to
a purely imaginary keff in all-dielectric media, or to Im(keff ) � Re(keff ) in lossy
media.

A schematic of the structures we investigate is displayed in Fig. 4.6a. We consider
a layered arrangement consisting of an arbitrary number of layers of non-magnetic
materials in an arbitrary sequence, with layer thicknesses that may be in the meta-
material subwavelength limit (di << λo, where λo is the free-space wavelength) or
thicker. Hence, we emphasize that our approach is generic and not limited to the
metamaterial regime. In order to compute the fields, we use the transfer matrix
formalism for layered media of finite thickness [1]. Similar to the transfer matrix for
an infinite and purely periodic medium, discussed in Section 2.3 and in Appendix
A.1, for a layered arrangement of finite number of layers, N, we have the transfer
matrix M~

~

connecting the incident and transmitted and reflected waves through

(
Ao

Bo

)
=

(
m11 m12

m21 m22

)(
AN

BN

)
(4.6)
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(a) Photonic mode (b) Surface-confined mode

|cos(k
eff 
d)|<1

 d

|cos(k
eff 
d)|>1

Figure 4.5: Definition of (a) a photonic and (b) a surface-confined mode.

where Ao and Bo are the amplitudes of the incident and reflected wave, respectively,
as defined in Fig. 2.2. AN is the transmitted amplitude, while BN = 0 if waves are
launched only from the left side, with respect to Fig. 2.2. For details, see [1].
By letting the frequency ω and the in-plane wavenumber k// vary, we obtain the
elementsm11(k//, ω) andm21(k//, ω), based on which the transmission and reflection
coefficients are defined as t = 1/m11 and r = m21/m11, respectively.

We seek for surface waves by first determining the full set of eigenmodes of the
structure, for which t→∞, r →∞. Alternatively, the eigenmodes are zeros of the
matrix element m11(k//, ω). We employ the reflection pole method (RPM) [108],
which is based on the residue theorem of complex analysis, for detecting those zeros
in the complex plane. Zeros of the complex function m11 yield phase shifts of π,
which are detected by seeking for peaks of its derivative Arg(m11) per frequency
and wavenumber (Fig. 4.6b). As a result, we obtain pairs of (ω, k//), that excite
eigenmodes. For more details regarding the RPM, see [108]. We note that that
this approach can be generalized to account for anisotropic materials by replacing
the traditional 2 × 2 transfer matrix [1] with a 4 × 4 formalism. See, for example
[145–147].

However, not all eigenmodes of a heterostructure constitute surface waves. For a
wave to be surface-localized, it is required to be located inside the optical band gap of
both bounding media [148], which, in the case studied here, are air and an arbitrary
layered heterostructure (Fig. 4.6a). A plane wave is located inside the band gap of
free-space when simply k// > ko. As discussed above (see Fig. 4.5), for the wave
to be inside the band gap of the arbitrary layered heterostructure, its out-of-plane
wavenumber keff oughts to have a non-zero imaginary part, assuring decay away
from the interface z = 0. Nevertheless, keff is not a always a well-defined quantity.
For an A-B-A-.. purely periodic infinite photonic crystal, wave propagation in the
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z-direction is accurately expressed in terms of the Bloch wavenumber KB, discussed
in Section 2.3 and given by Eq. (2.18). However, the Bloch wavenumber KB is
inappropriate for any other system, for example a random aperiodic arrangement,
chirped or non-centrosymmetric multilayer.

In order to circumvent this limitation, we propose an alternative description of
the composite medium, for describing a complete surface wave detection scheme
that applies to any layered arrangement. Our approach originates from, but is
not limited to, metamaterials’ homogenization (see Chapter 2). Particularly, it
is based on the S-parameter retrieval, discussed in Section 2.1. As explained in
Section 2.1, an arbitrary composite system of finite thickness d and known scattering
properties, namely complex transmission and reflection coefficients, t and r (Fig.
4.6a), can be represented by an effective impedance and an effective out-of-plane
wavenumber, Zeff and keff , respectively, given by Eqs. (2.3) and (2.4). Typically,
based on the subwavelength size of the meta-atoms (thickness of layers in the 1D
case examined here), these effective parameters are translated to effective dielectric
permittivity and magnetic permeability through keff =

√
εeffµeff

ω
c and Zeff =

√
µeff
εeff

.
The conditions under which the assignment of effective parameters εeff and µeff is
valid are complex [54, 74] and remain an area of literature debate [57, 63, 98].

We stress, however, that in contrast to the validity of εeff and µeff , it is always valid
to describe any system in terms of the effective wavenumber keff and the effective
impedance Zeff (Eqs. (2.3) and (2.4), respectively). For the purpose of surface waves
computations, and for the distinction between photonic and surface-confined modes,
only the effective wavenumber keff is required. Particularly, keff is directly associated
with the scattering coefficients t and r (Eq. 2.3) [58, 60, 99], and hence it can be
used for describing an arbitrary heterostructure at any scale, not necessarily in the
metamaterial subwavelength limit, as long as t and r may be computed. As a sanity
check, we note that keff in Eq.(2.3) is identical to the Bloch wavenumber KB in Eq.
(2.18) in the special case of an unbound and purely periodic medium composed of
two alternating materials, when the cladding and substrate have the same optical
constants (ε1 = ε2, see Figs. 2.1, 2.2). In this case, Eq. (2.3) reduces to Eq.(2.18).
This is easily seen by expressing t and r in Eq. (2.3) in terms of transfer matrix
elements, using the identity det(M~

~

) = 1, and the fact that m21 = m
∗
12, for purely

dielectric materials (where m21 and m12 are purely imaginary), and m21 = −m12,
for dispersive materials [1].

To recap, for an excitation to be considered as a surface wave, three conditions must
be satisfied; first, it has to be an eigenmode of the structure, which we evaluate with
the RPM (m11 = 0); second, it has to be in the band gap of the surrounding medium
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Figure 4.6: (a) Left-schematic of an arbitrary layered system, right-
computational approach flow chart. (b) Combination of RPM [108] with our
generalized band structure calculation (inspired by [60]) for the distinction be-
tween different types of eigenmodes. At the eigenmode in-plane wavenumber
k//eig, m11 vanishes (black solid curve), Arg(m11) jumps by π (black dashed
curve), and its derivative dArg(m11)

dk//
resonates (green curve). The highlighted

region corresponds to a band gap, for which |cos(keffd)| > 1. For frequency ω1,
the mode is photonic, as it resides inside the band, whereas for ω2 the mode is
located at the band edge. For ω3, the mode is a surface-confined, propagating
at the air/heterostructure interface.
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(k// > ko); and third, it has to be in the band gap of the planar heterostructure.
This third condition is implemented by introducing the notion of a generalized band
structure, applicable to any planar configuration. A band is a set of (ω, k//) for
which

|cos(keff (ω, k//)d)| ≤ 1 (4.7)

In the case of lossless media, this condition yields a purely real keff , whereas for
systems with loss we have Re(keff ) � Im(keff ). Surface waves exist in the exterior
of a band or at its edge, for which |cos(keffd)| ≥ 1. To demonstrate this, we present
in Fig. 4.6b an eigenmode of a planar structure. At the eigenmode’s in-plane
wavenumner k//eig, the matrix element m11 vanishes, therefore its phase Arg(m11)

jumps by π. Taking the derivative of m11 with respect to k//, we obtain a peak, as
shown with the green curve. Its half-width-half-maximum (HWHM) corresponds to
the in-plane decay length through L = 1/2Im(k//eig) [108]. In order to determine the
nature of the mode (c.f. photonic or surface-confined), we employ our generalized
band edge condition, |cos(keffd)| = 1 . The quantity |cos(keffd)| is shown for three
different frequencies ω1, ω2 and ω3. For ω1, |cos(keffd)| < 1 at k//eig, and this mode
belongs to band, resulting in wave propagation inside the heterostructure, in other
words it is a photonic mode. For ω2, the parameter |cos(keffd)| crosses unity at
k//eig and this mode is located exactly at the band edge. Finally, for frequency
ω3, the mode is inside the band gap, highlighted in Fig. 4.6b with the top orange
shaded area, and the mode is forbidden from propagating inside the structure, hence
it as a surface wave. By retrieving keff , we are also able to estimate the degree of
confinement through the penetration depth t = 1/2Im(keff ).

The discussion in this section applies to any layered configuration. However, we note
that when the multilayer heterostructure is reduced to a single isotropic and homo-
geneous material slab with permittivity ε, the band condition (Eq. (4.7)) reduces
to k// ≤ k//max, where k//max is defined in Eq. (4.3). In what follows (Sections
4.6, 4.7, 4.8, 4.9, 4.10) we focus on modes located at the band edge of isotropic,
positive ε media, where Eqs. (4.3) and (4.7) reduce to k// = k//max =

√
ε(ω)ko and

|cos(keff (ω, k//)d)| = 1, respectively. Despite the fact that such band edge modes
cannot classified as strictly surface-confined, there exist classes of materials for which
propagation is extremely confined, hence we refer to such modes as surface-confined
as well. In the following section we introduce an additional metric of confinement
that is independent of Eqs. (4.3) and (4.7).
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4.4 Figures of merit for surface-confined propagation
In the following sections we evaluate realistic material systems and configurations
for excitation and detection of omnipolarization surface waves. In order to assess
the characteristics of these waves, we introduced figures of merit pertaining to their
propagation distance and confinement.

In absolute terms, the propagation distance of a surface wave is given by L =

1/2Im(k//). In order to obtain a normalized quantity that can be used as a figure
of merit for comparison between different materials and different wavelength ranges
(c.f. visible and IR regimes), we divide the propagation distance by the effective
wavelength of the mode, λeff = 2π/Re(k//). Hence, the effective propagation length
Leff is

Leff ≡
Re(k//)
Im(k//)

= 4π L

λeff
(4.8)

and expresses the number of mode wavelengths that a wave propagates before it
decays.

Another quantity that deserves attention is the degree of confinement of a mode. In
absolute terms, this can be expressed in terms of the cross-sectional area occupied by
a mode. In the one-dimensional case studied here, this area is given byA1D =

[
∫
Idz]2∫
I2dz

,

where I is the intensity profile of the mode (E2(z) or B2(z)). By normalizing
this quantity to the diffraction limited spot, which is Ao,1D = λo/2, we obtain the
normalized cross-sectional area [149]

Aeff ≡
A1D
Ao,1D

=
[
∫
Idz]2/

∫
I2dz

λo/2
(4.9)

where the limits of integration are taken to be on the order of tens to hundreds of
free-space wavelengths away from region where the wave is localized.

Finally, another metric of confinement is the number effective wavelengths of the
mode that fit in the free-space wavelength of excitation, λo. This quantity is simply
given by λo/λeff = Re(k//)/ko.

4.5 Theory of plasmons and results for silver
We start by investigating SPPs in a Drude metal, which serves as a sanity check for
confirming the validity of the method we introduced in Section 4.3. We examine the
case of a semi-infinite slab of metal and a thin slab in air, for which we expect the
existence of one and two SPP modes, respectively, as a consequence of the number
of interfaces in each case.
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We model the metallic Drude permittivity with Eq. (4.1). By performing the
transfer matrix, retrieval and RPM approaches described in Section 4.3, we show in
Fig. 4.7 the dispersion of a TM polarized SPP on (a) a semi-infinite slab of a Drude
metal and (b) on a finite slab with thickness dm = λp/30, where λp = 2πc/ωp. The
SPP dispersion asymptotically approaches the value of ∼ ωp/

√
2, as expected [92,

109, 118]. In the case of a finite and thin slab, the dispersion is composed of two
branches as expected, since there exist two interfaces to support SPP propagation.
The two branches correspond to the symmetric and anti-symmetric modes. The field
profiles in both semi-infinite and finite thickness cases demonstrate the good surface-
confinement characteristics of SPPs. The symmetric mode is even as a function of
z, whereas the anti-symmetric mode is odd in z. Across the whole frequency range
displayed in Figs. 4.7 (a), (b), the permittivity of the metal is negative, εm < 0.
Hence, the out-of-plane wavenumber is imaginary (k2

z = k
2
eff = εmk

2
o − k2

// < 0) and,
based on our definition of a photonic band (Eq. 4.7), the SPP belongs in a band
gap region. Therefore, it is a surface-confined mode, which confirms the validity of
our photonic band criterion.

We proceed by studying SPP propagation on a semi-infinite slab of silver at UV-
visible frequencies, near the plasma frequency of Ag, which is taken here to be
ωp,Ag = 9.6 eV [150]. The results of SPPs on silver serve as a reference point in
terms of confinement and propagation length, for the realistic cases we examine in
the following sections.

A schematic of the geometry we study is shown in Fig. 4.8a, where we include a
grating that allows excitation of SPPs, with k// > ko, from free space (k// ≤ ko).
Namely, the grating’s period γ determines the in-plane wavenumber via

k// = 2π/γ (4.10)

In order to directly compare the degree of confinement, in terms of number of modal
wavelengths λeff that fit in the free-space wavelength λo, between different cases,
we normalize the x-axis in the dispersion curve of Fig. 4.8b to ko. Hence, since
λo/λeff ≡ Re(k//)/ko, we see that the modal wavelength of SPPs on Ag can be up
to six times reduced compared to the free-space wavelength in this frequency range.

Furthermore, as expected, the dispersion of TM polarized SPP modes on Ag asymp-
totically approaches to the value of ∼ ωp,Ag/

√
2 (Fig. 4.8b). The field profile of the

SPP mode is shown in the inset of Fig. 4.8b and is highly localized at the air/silver
interface. As the frequency increases, the in-plane wavenumber k// increases, hence
SPPs have access to higher confinement. We calculate the normalized cross-sectional
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Figure 4.8: (a) Schematic of a semi-infinite slab of Ag and a grating with
period γ for SPP excitation. (b) Dispersion of surface plasmon polaritons
on a semi-infinite slab of Ag. The parameters for Ag were taken from [150]:
ωp = 9.6 eV and γm = 22.8 meV/cm in Eq. (4.7). The free-space light line is
the vertical line at k///ko = 1. Top inset shows the grating period γ required
for excitation of SPPs. Bottom inset corresponds to the SPP field profile. Aeff
is the effective mode volume, as defined in Eq. (4.9). (c) Effective propagation
length of SPPs on Ag, as defined in Eq. (4.8).

area of the SPP modes by first calculating the fields at different frequencies, and the
results range from Aeff ∼ 1.2 to Aeff ∼ 0.5 for frequencies in the far UV and visible
regimes, respectively (see black points in Fig. 4.8b).

Plasmonic modes in silver can propagate for up to ∼ 50 times their effective wave-
length λeff , as shown in Fig. 4.8c. The slight oscillations in the Leff (ω) curve
originate from our computational approach; as discussed in Section 4.3, the param-
eter Im(k//) (which is inversely proportional to Leff , see Eq. (4.8)) is defined as the
HWHM of peaks in the derivative of m11 with respect to k// (see green curve in
Fig. 4.6) and the accuracy of the peaks detection scheme depends on computational
power.

Finally, we calculate the parameter γ, corresponding to the grating period required
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for excitation of SPPs. This parameter is shown in the top inset of Fig. 4.8b and
ranges from 300 nm to 900 nm for excitation with visible light [8, 135, 151].

4.6 Phonons and excitons
So far we have established the validity of the scheme introduced in Section 4.3
for detecting photonic and surface-confined modes in layered systems, by accuratly
obtaining the SPP dispersion in plasmonic metals (Section 4.5). Here, we return to
the search for surface-confined waves that resemble the SPP dispersion but, contrary
to SPPs, are simultaneously TE and TM polarized. For this we investigate polar
dielectrics and excitonic materials, based on the concept discussed in Section 4.2.
We revisit the problem of a slab of thickness d of a polar dielectric or excitonic
material (Fig. 4.3b). Initially, we perform calculations in two extreme cases (a) an
thick slab of polar dielectric and excitonic material and (b) a thin slab, compared to
the free-space wavelength λo. In case (a), Fabry-Pérot resonances exist leading to
multiple photonic bands for both linear polarizations. By contrast, in case (b), due
to the small thickness of the slab, we obtain a single-mode for a single-polarization
per frequency.

We model the permittivity of both the polar dielectric and the excitonic mate-
rial with Eq. (4.4). We select a characteristic length defined as Λchar,phon/exc =

πc/ωTO
√
εphon/exc(ωTO). For the thick slab, or case (a), we select dphon/exc =

10Λchar,phon/exc. By contrast, for the thin slab, or case (b), we set dphon/exc =

Λchar,phon/exc, which is small compared to the free-space wavelength, as εphon/exc(ωTO)

is taken to be rather large (Fig. 4.1).

In Fig. 4.9 we present the results of our calculations for an arbitrary polar dielectric
material. For frequencies between ωTO and ωLO, i.e. in the Reststrahlen band
highlighted with red, we have εphon < 0, hence an SPhP mode occurs for TM
polarization. The SPhP has two branches that correspond to the symmetric and
anti-symmetric modes. In the inset of Figs. 4.9a and b we display their field profiles.
These modes exhibit field profiles very similar to the SPP ones (Fig. 4.7b). Due
to the negative sign of εphon in the Reststrahlen band, based on Eq. (4.3) and Eq.
(4.7), the SPhPs belong to a band gap region and are surface-confined, in direct
analogy to SPPs [122].

At frequencies slightly lower than ωTO, i.e. in the regime of high-εphon, we obtain
a number of modes, as can be seen in the grey highlighted region of Fig. 4.9a.
Importantly, we obtain a mode that occurs for both linear polarizations right at the
band edge of the material, for which k// = k//max =

√
εphonko. For these high-k//

modes, we present in the inset of Fig. 4.9a field profiles for both linear polariza-
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Figure 4.9: Dispersion of surface-confined and photonic modes in a po-
lar dielectric material. The characteristic length is defined as Λchar =
πc/ωTO

√
εphon(ωTO). Mode dispersions for (a) a thick slab with thick-

ness dph = 10Λchar and (b) for a thin slab with thickness dph = Λchar.
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√
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mode located at the band edge (bottom) and a SPhP mode (top), and for
(b) an anti-symmetric (top left) and a symmetric (top right) SPhP mode, and
a highly-confined TE mode (bottom). The high-ε regime is highlighted with
(a) grey and (b) green, indicating omnipolarization and TE polarized wave
propagation, respectively. The Reststrahlen band is highlighted with red.
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tions at a single frequency ω and wavenumber k//. As these modes coexist in ω

and k// for TE and TM polarizations, this allows single-frequency excitation and
phase-matched propagation of omnipolarization surface waves. By decreasing the
thickness of the slab, in Fig. 4.9b, we decouple to two polarizations and we only
obtain a TE polarized mode near the band edge. Based on Eqs. (4.3), (4.7), the TE
mode displayed in Fig.4.9b is classified as a photonic one, since k// <

√
εexc(ω)ko.

However, it continues to exhibit good confinement characteristics, which is evident
by the large values that k// obtains near the mode’s resonance, at ωTO. The confine-
ment of these modes strongly depends on the quality factor of the polar dielectric, as
we show in the following sections. This TE polarized mode disappears for ω > ωTO

because εphon < 0 in this frequency regime. Hence, the material becomes opaque for
TE polarization and no modes are supported.

In Fig. 4.10 we perform analogous calculations for an arbitrary excitonic material.
For a thick slab (Fig. 4.10a), we obtain a large number of photonic modes that, in
contrast to the polar dielectric material, continue to exist at frequencies above ωTO.
This happens because an excitonic resonance does not involve a region of εexc < 0
in contrast to the Reststrahlen band of polar dielectrics (see Fig. 4.1). Importantly,
near ωTO, we obtain modes at the band edge, with k// = k//max =

√
εexcko, for

both TE and TM polarizations, the field profiles of which are shown in the inset of
Fig. 4.10a at a single frequency and wavenumber. Their degeneracy allows single-
frequency excitation and phase-matched propagation of omnipolarization surface
waves. The degree of surface-confinement of these band edge modes depends on
the quality factor, Q, of the excitonic material, as we discuss in what follows. By
decreasing the thickness of the excitonic material slab, we decouple the two polar-
izations, the modes of which occur at different frequencies, as shown in Fig. 4.10b.
Namely, at frequencies below ωTO, the high-εexc regime continues to yield a high-k//
TE polarized mode. In contrast to the polar dielectric material, for which the TE
polarized mode disappears for ω > ωTO, due to εphon < 0 at the Reststrahlen band,
for the excitonic material we have εexc > 0 even above ωTO (Fig. 4.1). Hence, the
TE mode continues to exist in the finite slab case (Fig. 4.10b), however it is no
longer degenerate with the TM polarized one.

To conclude this section, we investigated two extreme cases of slabs of excitonic and
polar dielectric materials; (a) a thick slab for which multiple photonic bands are
supported and (b) a thin slab compared to the free-space wavelength. In case (a),
for both polar dielectrics and excitonic materials, we obtain a mode for each linear
polarization that occurs at the band edge, for which k// = k//max =

√
εphon/excko

(Figs. 4.9a, 4.10a). The magnitude of k// for this mode depends on the maximum
value of the dielectric permittivity of the material, ε(ωTO). Large values of ε near
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propagation, respectively.
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ωTO can yield extremely confined surface modes with characteristics that can com-
pete, or even surpass, the confinement factors of SPPs in noble metals. For thin
slabs, in case (b), the two modes no longer overlap in frequency and wavenumber
(Figs. 4.9b, 4.10b). The cutoff thickness at which the TE polarized and TM po-
larized band edge modes separate from each other depends on material properties
(ωTO, Q, etc). In Sections 4.7 and 4.8 we investigate high-Q polar dielectrics and
excitonic materials, respectively, and seek for this cutoff slab thickness that will
allow omnipolarization surface-localized wave propagation over large distances with
large degree of confinement in thin slabs.

4.7 Surface-confined waves on SiC on Si
We proceed by investigating surface-confined modes in polar dielectrics. In selecting
a material for our investigation, we seek record-high values of εphon near the phonon
energy (see Fig. 4.1), simultaneously with low loss, to ensure high-Q (Eq. 4.5).
One of the polar dielectric materials with record-high quality factors is SiC, with
ωTO,SiC = 797 cm−1 and γd,SiC = 2.2474 × 1011 s−1, hence QSiC = 668 [122]. Its
dielectric permittivity is presented in Fig. 4.2b.

In Section 4.6 we showed that the TE and TM polarized band edge modes of a thick
slab of polar dielectric material overlap in frequency and wavenumber (Fig. 4.9a).
By confining the two modes in an ultra-thin slab, the two polarizations no longer
exhibit overlapping dispersions curves (Fig. 4.9b). Here, we seek the cutoff thickness
for a slab of SiC, that ensures omnipolarization surface-confined wave propagation
near the band edge (k//max,SiC =

√
εSiCko). In order to investigate an experimentally

realistic scenario, we consider that the SiC slab lies on top of an intrinsic Si substrate,
with index nSi = 3.4 [152] (see schematic in Fig. 4.11a). We find that for SiC on Si,
this cutoff thickness is dSiC = 8πc/(ωTO,SiC

√
εSiC(ωTO,SiC)) = 3.22 µm.

As can be seen from Fig. 4.11b, at this thickness of SiC, higher order Fabry-Pérot-
type propagation bands arise. These bands can be seen in Fig. 4.11b with the
grey shaded regimes for TE polarization and they were obtained with the method
discussed in Section 4.3. The dispersion curves that lie inside the propagation bands
correspond to photonic modes that exhibit weak confinement characteristics (See
Fig. 4.5a). In contrast, dispersion curves that lie in the exterior of the bands
constitute surface-confined waves (Fig. 4.5b).

Here we focus on the high-k// modes that are in close proximity to the band edge
of SiC, k//max,SiC (black dashed line in Fig. 4.11b). These modes lie in-between
propagation bands, hence they are surface-confined. From the field profiles in the
lower inset of Fig. 4.11b, we see that these modes are strongly localized inside the
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Figure 4.11: (a) Schematic of a slab of SiC on Si, and a grating with period γ
for surface-confined waves excitation. (b) Dispersion of surface-confined waves
on a slab of SiC with thickness dSiC = 8πc/(ωTO,SiC

√
εSiC(ωTO,SiC)) = 3.22 µm

on Si. The parameters for SiC were taken from [122]: ωTO,SiC = 797 cm−1,
ωLO,SiC = 973 cm−1 and γd,SiC = 2.2474×1011 s−1 in Eq. (4.4). The refractive
index of Si is taken nSi = 3.4 The free-space light line is located at k///ko = 1
(off-axis). The modes located at k///ko = 3.4 are the band edge modes in
bulk Si. The dashed line corresponds to k//max,SiC =

√
εSiC(ω), the band edge

of SiC. Top inset shows the grating period γ required for excitation of the
surface-confined waves. Bottom inset shows the TE and TM field profiles at
a single-frequency ω and wavenumber k//. Aeff is the effective mode volume,
as defined in Eq. (4.9). (c) Effective propagation length of surface-confined
waves on SiC on Si, as defined in Eq. (4.8).
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SiC slab, and exhibit negligible leakage into the Si substrate. Their confinement
factors are calculated as explained in Section 4.4. We obtain normalized mode
cross-sectional areas that range from Aeff ∼ 0.04 to Aeff ∼ 0.06 for both TE and
TM polarizations, as shown with the values displayed in Fig. 4.11b at different
frequencies. Importantly, this confinement is larger than in the SPP modes in Ag
(Aeff ∼ [0.5 − 1.2] in Fig. 4.8b). We note that the modes located at k// = 3.4ko

(y-axis in Fig. 4.11b) correspond to the photonic band edge of Si (k//max,Si =√
εSi(ω)ko).

In an experiment, the excitation of these strongly surface-confined omnipolarization
modes requires grating periods in the range of γ ∼ 1 µm to γ ∼ 2.5 µm for both
TE and TM polarizations, as shown in the top inset in Fig. 4.11b. Importantly, as
a consequence of the high-Q of SiC, these modes have large propagation distances.
As shown in Fig. 4.11b, they propagate approximately 10 − 70 effective mode
wavelengths before decaying, similar to SPPs on Ag (Fig. 4.8c). This constitutes
them detectable in surface waves experiments, where detection is achieved in the
far-field through input and output gratings, see, for example, [151].

Previous reports have considered high-Q polar dielectric materials for SPhP prop-
agation at the Reststrahlen band [122]. In contrast, here we showed that the
frequency regime where the permittivity of polar dielectrics obtains positive and
large values (Fig. 4.1) can yield omnipolarization surface-confined propagation with
characteristics similar to SPhPs, however accommodating both linear polarizations,
therefore alleviating the TM polarization limitation of SPhPs. We emphasize that
the requirement of high-Q is crucial for ensuring both a high degree of confinement
and a long propagation distance.

4.8 Surface-confined waves on WS2 on Si
Here, we perform an analysis similar to the one in the previous section, but for
a high-Q excitonic material at visible frequencies, instead of a polar dielectric at
IR frequencies. One class of materials that one could consider investigating is that
of traditional semiconductors, for example Ge or Si. However, the quality factors
of traditional semiconducting materials are rather low, which can be seen in Fig.
4.2a. In contrast, two-dimensional TMDCs have been recently investigated for their
optical properties [129], and they show considerably higher Q’s, compared to bulk
semiconductors. We select to investigate WS2, the permittivity of which is plotted
in Fig. 4.2a. By performing a numerical fitting (with Eq. (4.4)) to the experimental
data reported by Li et al. in [129], we infer that QWS2 ∼ 113.2. Based on our fitting,
with respect to Eq. (4.4), we find that ωTO,WS2 = 1.996 eV, ωLO,WS2 = 2.009 eV,
γd,WS2 = 37.363 fs and ε∞,WS2 = 17.
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In order to simulate an experimentally realistic scenario, we assume that the WS2

is on top of a Si substrate, for which we set nSi = 3.4 [152] (see schematic in Fig.
4.12a). As discussed in Section 4.6, we seek for the minimum (cutoff) thickness
of a WS2 slab, for which the band edge modes for the two linear polarizations
continue to overlap. For the material parameters of WS2, this thickness is dWS2 =

6πc/(ωTO,WS2

√
εWS2 (ωTO,WS2 )) = 336 nm.

For this thickness, we obtain the desirable high-k// modes near the band edge of
WS2 (k//max,WS2 =

√
εWS2ko), as shown in Fig. 4.12b. Additionally, higher order

Fabry-Pérot-type modes with smaller k// also arise. However these higher order
modes are not particularly surface-confined and we do not analyze them further.

We focus on the large-k// modes near the band edge of WS2 (dashed line in Fig.
4.12b), the field profiles of which are shown in the inset of Fig. 4.12b. The fields
are strongly-localized in the WS2 slab and exhibit negligible leakage into the Si
substrate. We compute their normalized cross-sectional area that ranges from Aeff ∼
0.068 to Aeff ∼ 0.081 for both polarizations, surpassing the mode confinement of
SPPs on silver at visible frequencies by an order of magnitude (Fig. 4.8b). Their
propagation distance Leff is very large and reaches values as high as L = 800λeff

in the lower-frequency regime near ∼ 0.75ωTO,WS2 (Fig. 4.12c). Finally, we show
in the left inset of Fig. 4.12b the grating period, γ, required for single-frequency
simultaneous excitation of TE and TM surface-confined waves on WS2 on Si.

To conclude, in the present section and in the previous one, we discussed materials
with permittivity resonances and high-Q, as platforms for omnipolarization, phase-
matched surface-confined wave propagation. Our approach aimed to identify the
minimum thickness of a slab of a positive-permittivity material, for which there
exist modes near the band edge k//max =

√
εko). Utilizing high-ε materials yields

large degree of confinement, and focusing on high-Q material resonances can lead
to large propagation distances. Based on these requirements, we focused on slabs of
SiC and WS2, as representatives of high-Q polar dielectrics and excitonic materials
at IR and visible frequencies, respectively.

4.9 The case of a plasmon and a phonon
In this section and in the following one, we investigate theoretically the scenarios of
combining a plasmon in a Drude metal (Fig. 4.7) with a phonon in a polar dielectric
(Fig. 4.9) and with an exciton in an excitonic material (Fig. 4.10), respectively.
Similar to the previous sections, we aim to identify regimes of omnipolarization
surface wave propagation. However, in contrast to the discussion in Section 4.2,
here, the origin of the overlap in the dispersions for TE and the TM modes is not
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for surface-confined waves excitation. (b) Dispersion of surface-confined waves
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in Eq. (4.4). The refractive index of Si is taken nSi = 3.4. The free-space
light line is located at k///ko = 1 (off-axis). The dashed line corresponds to
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εWS2 (ω), the band edge of WS2. Left inset shows the grating

period γ required for excitation of the surface-confined waves. Right inset
shows the TE and TM field profiles at a single-frequency ω and wavenumber
k//. Aeff is the effective mode volume, as defined in Eq. (4.9). (c) Effective
propagation length of surface-confined waves on WS2 on Si, as defined in Eq.
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the band edge condition. In contrast, by assuming that the plasma frequency of
the Drude metal, which serves here as a substrate, is considerably larger than ωTO,
the transverse optical phonon/exciton energy, the TM polarized SPP modes of the
Drude metal are hybridized and obtain a frequency dispersion similar to the TE
polarized band edge modes of the positive permittivity medium (polar dielectric or
excitonic material).

We start by considering a system composed of a thin slab of polar dielectric mate-
rial, with thickness dphon = πc/ωTO

√
εphon(ωTO) on a Drude metal substrate. We

select the plasma frequency of the metal to be ωp = αωTO
√

1 + εphon(ωTO), such
that the surface plasma frequency of the plasmon is ωsp ' αωTO, and we set α = 2.5.
This selection of ωsp locates the SPP on the linear, lower side of the dispersion (Fig.
4.7a). The relevant dispersion curves that we are combining in this configuration
are: (i) the unbound SPP mode, shown in Fig. 4.7a, with (ii) the highly-confined
TE polarized mode due to the phonon resonance, shown in Fig. 4.9b. The fre-
quency regime in which this scenario becomes relevant is the IR range at which
polar dielectric materials exhibit permittivity resonances (Fig. 4.2b).

A schematic of the geometry we study is shown in Fig. 4.13a, where we also in-
clude a grating that allows excitation of surface waves. As shown in Fig. 4.13b,
by interfacing the TM polarized SPP mode of the Drude metal with the highly-
confined band edge TE polarized mode of the polar dielectric, we position them in
the same frequency range, and obtain almost overlapping dispersions for TE and
TM polarization. However, here, the origin of the TM polarized mode is the plas-
monic substrate, contrary to the previous sections. For completeness, we continue
to include in Fig. 4.13b the curve corresponding to the band edge of the polar
dielectric material, given by the equation k//max,phon =

√
εphon(ω)ko; as expected,

the omnipolarization surface waves occur in the high-εphon frequency regime.

In the inset of Fig. 4.13b, we show the field profiles of the TE and the TM modes
for the same frequency and wavenumber. Although the TE and TM dispersions do
not exactly overlap, by selecting ωTE = ωTM and k//TE = k//TM we excite modes
for both polarizations, with field profiles that show similar degree of confinement.
The simultaneous excitation of modes for both polarizations is a consequence of
the losses introduced in the system. Namely, the high-εphon regime is accompanied
by large values of Im(εphon) (see Fig. 4.1). Hence, the dispersions displayed in
Fig. 4.13b extend to a small range of frequencies, ±∆ω, and wavenumbers, ±∆k//,
around their central curves, which allows the TE and TM dispersions to overlap, as
we emphasize with the purple highlighted regime.

In order to assess the feasibility of simultaneously excitating TE and TM polarized
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Figure 4.13: Omnipolarization surface waves from plasmons and phonons.
(a) Schematic of a thin slab of polar dielectric material with thickness
dph = πc/ωTO

√
εphon(ωTO) on a Drude metal substrate, with ωp =

αωTO
√

1 + εphon(ωTO) (α = 2.5). (b) Dispersion of surface-confined modes for
TE and TM polarization, Λchar = dph. The free-space light line is shown with
black. Dashed line corresponds to k//max,phon =

√
εphon(ω)ko, the band edge of

the polar dielectric. Lower inset shows field profiles for TE and TM polariza-
tion at the same frequency and wavenumber, ωTE = ωTM and k//TE = k//TM.
Top inset shows the grating period γ required for excitation of the modes.
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surface-confined modes at a single-frequency and with a single grating, we calculate
in the inset of Fig. 4.13b, the grating period γ required for TE and TM mode excita-
tion. As can be seen, the grating periods for the two polarizations are almost identi-
cal, and their differences lie within the limits of fabrication imperfections (±0.1λTO).
The small differences in γTE and γTM, together with the aforementioned discussion
regarding the losses in the system at frequencies near the high-εphon regime, ensure
that omnipolarization surface waves can be excited in the configuration of Fig. 4.13a
at a single-frequency. By selecting appropriately a high-Q polar dielectric material
and a Drude metal, the plasma frequency of which can be tuned to approximately
ωp = 2.5ωTO

√
1 + εphon(ωTO), the surface waves shown in Fig. 4.13 may arise at IR

frequencies, where the phonon energies of polar dielectric materials lie.

Here we combined a polar dielectric with positive permittivity εphon together with
metal with negative permittivity εm, to achieve omnipolarization surface wave prop-
agation. In principle, another possibility is to combine two different polar dielectric
materials with slightly different frequencies of transverse and longitudinal phonons,
ωTO,1 , ωTO,2 and ωLO,1 , ωLO,2, such as the Reststrahlen band of the first
(εphon,1 < 0) overlaps with the high-ε regime of the second (εphon,2 � 1). There is
an abundance of phonon resonances in different materials in the IR spectral range,
hence it is straightforward to find such a combination of positive and negative per-
mittivities. However, the frequency regimes near ωTO,1, ωTO,2 entail high loss (see
Fig. 4.1), hence combining two polar dielectric materials near resonance will lead
to very large damping constants of surface confined modes. Therefore, we do not
investigate further the case of two phonons.

4.10 The case of a plasmon and an exciton
In analogy the the case examined above, here we investigate a thin slab of an exci-
tonic material on a Drude metal substrate, in order to combine the highly-confined
TE band edge mode due to the high-εexc regime (Fig. 4.10b) with the TM polar-
ized SPP due to the plasmon of the metallic substrate (Fig. 4.7a). The frequency
regime in which this scenario becomes relevant is the visible range at which exci-
tonic materials exhibit permittivity resonances (Fig. 4.2a). We select a thickness
of dexc = πc/ωTO

√
εexc(ωTO) for the excitonic material and a plasma frequency

of ωp = αωTO
√

1 + εexc(ωTO) for the metal. By setting α = 2.5, we ensure that
ωsp ' αωTO is well-above ωTO, hence, the plasmonic mode lies in the linear-regime,
on the lower-frequency side of the SPP dispersion (see Fig. 4.7a). A schematic of
the geometry we study is shown in Fig. 4.14a. We include a schematic of an input
grating that allows excitation of surface waves from free space, via k// = 2π/γ.

As can be seen in Fig. 4.14b, we obtain a TE mode due to the high-εexc regime of
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Figure 4.14: Omnipolarization surface waves from plasmons and exci-
tons. (a) Schematic of a thin slab of an excitonic material with thick-
ness dexc = πc/ωTO

√
εexc(ωTO) on a Drude metal substrate, with ωp =

αωTO
√

1 + εexc(ωTO) (α = 2.5). (b) Dispersion of surface-confined modes
for TE and TM polarization, Λchar = dexc. The free-space light line is shown
with black. Dashed line corresponds to k//max,exc =

√
εexc(ω)ko, the band

edge of the excitonic material. Lower inset shows field profiles for TE and
TM polarization at the same frequency and wavenumber, ωTE = ωTM and
k//TE = k//TM. Top inset shows the grating period γ required for excitation
of the modes.
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the excitonic material, and a TM polarized hybrid-SPP mode due to the εm < 0
of the metal. The typical SPP dispersion that is linear in the low-ω regime (Fig.
4.7a) is hybridized here due to the strong frequency dispersion of εexc(ω) near ωTO,
and almost overlaps with the TE mode. For completeness, we continue to include
the curve corresponding to the band edge of the excitonic material, given by the
equation k//max,exc =

√
εexc(ω)ko; as expected, the omnipolarization surface waves

arise in the high-εexc frequency regime.

Although the TE and TM dispersions do not exactly overlap, by selecting ωTE = ωTM

and k//TE = k//TM we excite modes for both polarizations, the field profiles of
which are displayed in the lower inset of Fig. 4.14b and exhibit similar degrees
of surface-confinement. Similar to the comments made in the previous section, this
simultaneous excitation occurs due to the losses introduced in the systems we study.
Namely, near ωTO, the excitonic material exhibits high damping (large Im(εexc)).
Hence, the dispersions displayed in Fig. 4.14b extend to a small range of frequencies,
±∆ω, and wavenumbers, ±∆k//, around their central curves, which results in the
overlap of the TE and TM modes dispersion curves, as emphasized with the purple
highlighted regime.

In the top inset of Fig. 4.14b we calculate the grating period γ required for TE
and TM mode excitation. The grating periods for the two polarizations are similar,
and their differences lie within the limits of fabrication imperfections (±0.1λTO,
where λTO lies in the visible spectral range), ensuring simultaneously TE and TM
polarized mode excitation with a single grating.

4.11 Conclusion
In this chapter we studied the high-permittivity frequency regime of polar dielectric
materials and excitonic materials, at IR and visible frequencies, respectively. We
showed that use of high-Q materials can lead to surface-confined waves that occur
for both linear polarizations simultaneously, i.e. they can be excited at a single-
frequency (ωTE = ωTM) and require a single grating for their excitation (k//TE =

k//TM), hence they are also phase-matched.

We followed two different approaches; (i) the first one pertained to utilizing the
polarization degeneracy of the band edge modes of a bulk polar dielectric or excitonic
material. (ii) The latter approach entailed the combination of plasmonic metals with
polar dielectrics and excitonic materials, at IR and visible frequencies, respectively,
for omnipolarization surface waves. In this case, the TE and the TM modes have
different origins; namely, the TM mode is a hybrid-SPP mode due to the plasmonic
metal, whereas the TE mode originates from the dielectric’s band edge.
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With regards to (i), we demonstrated theoretically that use of SiC at IR frequencies
and WS2 at visible frequencies can yield omnipolarization surface-confined waves
with higher degree of confinement and longer propagation distances, in comparison
to SPPs in Ag. In Table 4.1, we summarize these results and provide a comparison
between the cases we examined. We emphasize that SiC and WS2 were selected due
to their high-Qs (Eq. (4.5)), which is a crucial parameter for obtaining surface waves
with good confinement characteristics and large propagation distances. We note,
however, that, in contrast to the broadband nature of SPPs, the omnipolarization
surface waves discussed here are narrowband in nature, and physically bound to the
frequency range where phonons and excitons occur in naturally available materials.

Material TE polarization TM polarization
Semi-infinite Ag Aeff N.A. Aeff ∼ [0.5− 1.2]
(visible) Leff N.A. Leff ∼ [5− 55]
SiC on Si Aeff ∼ [0.045− 0.066] Aeff ∼ [0.045− 0.066]
(IR) Leff ∼ [10− 70] Leff ∼ [10− 70]
WS2 on Si Aeff ∼ [0.068− 0.081] Aeff ∼ [0.068− 0.081]
(visible) Leff ∼ [10− 800] Leff ∼ [10− 800]

Table 4.1: Comparison of figures of merit between SPPs in Ag (see Section
4.5) and omnipolarization surface-confined waves in SiC (see Section 4.7) and
in WS2 (see Section 4.8). Aeff is the cross-sectional area of the mode normal-
ized to a diffraction limited spot Ao,1D = λo/2 (see (Eq. 4.9)). Leff is the
propagation length of the mode normalized to the effective wavelength of the
mode (see Eq. (4.8)).

Regarding the latter approach (ii), we showed that combination of plasmons and
excitons or plasmons and phonons, at visible and IR frequencies, respectively, can
yield omnipolarization surface-confined propagation. In search for realistic config-
urations that may support such surface waves, it is highly desirable to be able to
actively tune the plasma frequency of the plasmonic component to frequencies that
match phonon energies (IR) or exciton resonances (visible). In the following chap-
ter, we perform detailed investigations for inducing such active tunability in planar
heterostructures in both visible and IR frequency regimes.
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C h a p t e r 5

ACTIVE TUNABILITY IN PLANAR METAMATERIALS

“This field is not quite the same as other fields in physics in that it will not tell us
more of fundamental physics but it is more like solid-state physics in the sense that
it might tell us much of great interest about the strange phenomena that occur in
complex situations.”

Richard P. Feynman, Plenty of Room at the Bottom, 1959

5.1 Tuning the optical response
The range of fundamental phenomena and applications achievable by metamaterials
can be significantly expanded by actively tuning their effective electromagnetic pa-
rameters to enable dynamic control over their optical response. Such active control
over metamaterials’ response can pave the way towards novel active optical com-
ponents like holographic displays, improvement of liquid crystal display technology
with solid-state materials, tunable polarizers, sensors and switches, slow-light media,
and optical memories. Particularly, simultaneous control of phase and amplitude
of fields scattered or transmitted through metamaterial-based optical components
is challenging to achieve but highly desirable for holography and lidar technology
[153, 154].

In this chapter, we investigate means for tuning the response of planar metama-
terials along all coordinate directions, by focusing on their fundamental material
parameters. By starting from intrinsic metamaterial properties (εeff and µeff), we
can directly predict and control their dispersion characteristics. Control over the
dispersion diagram or the EFC, introduced in Chapter 1 (see Section 1.4) is of in-
terest from a more fundamental physics point of view as well (apart from tuning the
scattering properties of metamaterials).

Namely, the past decade has revealed a plethora of new phenomena in electronic
materials in condensed matter physics, and also in their photonic counterparts, aris-
ing from engineering their electronic band structure and photonic dispersion surface,
respectively. Classical phenomena such as Lifshitz transitions [155] and Van Hove
singularities that lead to extreme values of magnetoresistance arise from inducing
transitions in the Fermi surface of electronic systems. Quantum mechanical effects
such as those arising from Dirac-like dispersion surfaces, leading to topological Dirac
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phases, are the result of band structure engineering, leading to three-dimensional
semimetals [156] and topological insulators [157]. Photonic analogues of topological
insulators, in other words photonic materials that support non-trivial topologically
protected states against back-scattering, have been realized with helical waveguides
in a honeycomb lattice [158], by engineering the dispersion characteristics of pho-
tonic crystals. The dispersion surface or EFC is also critical for engineering emission
with hyperbolic media, as investigated and demonstrated experimentally in [42] (see
discussion in Section 1.4). Particularly, in analogy to the Lifshitz transition in elec-
tronic systems, a transition from a closed EFC to an open, hyperbolic one, comes
with a singularity in the density of optical states. By controlling the dielectric prop-
erties of HMMs along different coordinate directions, namely the near-zero bands of
εo,eff and εe,eff , the frequency regime of topological transitions becomes tunable [48].

This chapter is structured as follows: in Sections 5.2, 5.3, 5.4 we discuss means
for inducing actively tunable response in planar metamaterials using transparent
conductive oxides (TCOs). In Sections 5.5, 5.6 we investigate the use of graphene as
an active medium. We show that field-effect-based gating, i.e. carrier accumulation
and depletion, using TCOs, yields a largely tunable response along the optical axis
of planar heterostructures, for frequencies below the UV range [48], while capacitor-
based gating with graphene mono-layers leads to significant tuning along the in-plane
direction.

We note that alternative tuning mechanisms include modifying the complex dielec-
tric function of component materials via phase transitions [159] and electromechan-
ical deformations [160]. In contrast to these, use of the field-effect and electronic
gating via carrier injection are particularly attractive due to their robustness and
very low power dissipation in steady state, having potential to yield power-efficient
tunable metamaterials with ultrafast (fs) modulation speed. The field-effect has
been recently investigated for optical modulators [153, 161–164] by using the spec-
tral tunability of the electronic properties in TCOs or transition-metal nitrides [165]
for modulating the modal effective index in waveguide configurations.

5.2 Transparent conductive oxides as active components
We start with the toy model shown in Fig. 5.1, demonstrating a metamaterial unit
cell composed of two mirror-symmetric metal/oxide/semiconductor (MOS) sequence
of layers. Instead of a traditional semiconductor, we investigate here TCO active
layers. The charge carrier density of TCOs can be controlled by the number of
oxygen vacancies when deposited, for example via RF sputtering deposition. More
importantly, however, their charge carrier density can be tuned actively as well [153,
154, 159], when incorporated in MOS devices and gating between the metal and the
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TCO is applied, injecting carriers in TCO accumulation and depletion regimes, as
shown in Fig. 5.1 with light blue colors.

x

y

z V+

V+

metal

metal

oxide

oxide

TCO background
TCO active region

TCO active region

Figure 5.1: Schematic of TCO-based field-effect tunable hyperbolic metama-
terial unit cell

Prior to delving into the details on the optical properties of the motif shown in
Fig. 5.1, we discuss the field-effect mechanism using TCOs. We focus on indium
tin oxide (ITO) as an example TCO, because it has been studied extensively in the
literature [153, 161, 166–169] and its electronic properties are fairly well character-
ized experimentally [153, 161, 167, 170]. We emphasize, however, that the results
discussed here can be extended to other TCOs, for example aluminum doped zinc
oxide [166] and gallium doped zinc oxide [164, 166], or transition-metal nitrides and
degenerately doped semiconductors [163].

The intrinsic parameter modulated via the field-effect, that is in turn used to induce
optical tuning, is the charge carrier density, Nacc, in the active layers of accumula-
tion and depletion (light blue colors in Fig. 5.1), relative to the background charge
carrier density Nb. Ignoring detailed band bending effects, to first order, the charge
carrier accumulation can be schematically modeled via a uniform layer with in-
creased carrier concentration relative to the background TCO, with thickness given
by the Debye length d. A simple electrostatic calculation on a metal/dielectric/TCO
interface, as depicted in Fig. 5.1, dictates that:
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V

t
=
eNaccd

kdielεo
≤ Ebr (5.1)

where V is the applied bias between the metal and the TCO, t is the thickness
of the dielectric and kdiel is its DC dielectric constant, Ebr is the corresponding
breakdown field and εo is the dielectric permittivity of free space. To achieve tun-
ability within the visible regime, high-carrier density is required, on the order of
1019 − 1021/cm3. Additionally, dielectric materials with very high breakdown fields
are necessary. Previous reports have shown that ITO can be heavily doped using RF
sputtering to yield a background carrier density, Nb, in the range 1019 − 1021/cm3.
Following previous experimental results [153, 161, 162, 167–170], we consider here a
background carrier density of Nb = 5×1020/cm3 and active tunability of the carrier
density in the accumulation regimes of up to two orders of magnitude, assuming
high-strength dielectric materials for the oxide layer (see Fig. 5.1). We note that
here we only consider accumulation of carriers, however depletion can be achieved
by simply inversing the bias polarization. We compute, in Table 5.1, using Eq.
(5.1), the maximum achievable carrier concentration in the accumulation layer of
ITO, for various high-strength dielectric materials whose breakdown fields have been
reported. Different Debye lengths d for the ITO are also considered, consistent with
the range of parameters observed in previous experimental results [153, 161, 162,
168].

High-k dielectric quality is important for sustaining high carrier concentrations in
the accumulation layer. HfO2 is particularly attractive due to its simultaneously
large values of DC dielectric constant [171, 174, 176, 177] and its high breakdown
field. We note that, apart from Sire et al. in [171] and Yota et al. in [174], Kim
et al. in [178] have obtained breakdown fields as high as 36 MV/cm for large-area
(up to 100µm ×100µm) planar field-effect electrode geometries, while values in the
range 5− 10 MV/cm have been broadly reported in the literature [179–181].

As far as the optical properties of TCOs at visible and IR frequencies are con-
cerned, and particularly for the material of interest here, which is ITO, its dielectric
permittivity is described with the Drude model [153, 161, 167, 170, 182].

εITO = ε∞ −
ω2

p
ω2 + iωγ

(5.2)

where ω2
p = Nie

2/εomeff , ε∞ is the high-frequency dielectric permittivity and meff

is the effective mass. Ni is the carrier density, for i = b, acc for the background
and accumulation regions, respectively. Following previous experimental work [153,
161, 182], we take ε∞ = 3.4, γ = 1.8 × 1021/sec and meff = 0.35me, where me
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Dielectric Nacc, d = 0.5 Nacc, d = 1 Nacc, d = 2.5 Nacc, d = 5
SiO2
kdiel = 3.9 [171, 172] 1.29− 1.7 0.65− 0.86 0.26− 0.35 0.13− 0.17
Ebr = 30− 40[171]
Al2O3
kdiel = 9[172] 0.6− 0.8 0.3− 0.4 0.12− 0.16 0.06− 0.08
Ebr = 6− 8[171, 173, 174]
Al2O3
kdiel = 10.3[174] 0.68− 0.91 0.34− 0.46 0.14− 0.18 0.07− 0.09
Ebr = 6− 8[171, 173, 174]
HfO2
kdiel = 17[171] 2.4 1.2 0.48 0.24
Ebr = 13[171]
HfO2
kdiel = 18.7[174] 1.16 0.58 0.23 0.12
Ebr = 5.6[174]
HfSiO4
kdiel = 11[175] 1.22 0.61 0.24 0.12
Ebr = 10[175]
HfSiO4 (with SiO2) 0.53− 0.6 0.27− 0.3 0.11− 0.12 0.05− 0.06
kdiel = 4.8− 5.4[176]
Ebr = 10[175]
HfSiO4 (with HfO2)
kdiel = 12.5− 15.1[176] 1.38− 1.67 0.69− 0.83 0.28− 0.33 0.14− 0.17
Ebr = 10[175]

Table 5.1: Maximum achievable carrier concentration in ITO accumulation
layers for reported values of breakdown field and DC dielectric constants of
high-strength dielectrics. The breakdown voltage Ebr in given in MV/cm and
the carrier density Nacc in 1021/cm3. d is the accumulation layer thickness
given in nm.

is the electronic rest mass. Starting from the background carrier density Nb =

5 × 1020/cm3, we show in Fig. 5.2 the dielectric permittivity of ITO at visible-
near IR frequencies for increasing carrier concentration. We highlight that carrier
densities in the range 1020− 1021/cm3 yield an epsilon-near-zero (ENZ) response at
visible frequencies, with εITO transitioning from positive to negative values. In turn,
this induces topological transitions in the dispersion surface of the metamaterial, as
we discuss in what follows (see Figs. 5.6, 5.7, 5.8).

5.3 Tunable hyperbolic response at optical frequencies
Regarding the optical response of the metamaterial, we consider a toy model con-
sisting of 20 nm of Ag (yellow layers in Fig. 5.1), separated by 15 nm of ITO (dark
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Figure 5.2: Complex dielectric permittivity of indium tin oxide at visible-near
IR frequencies. (a) Re(εITO), (b) Im(εITO).

blue and light blue colors for background and accumulation layers, respectively, in
Fig. 5.1). The two materials are electrically isolated from each other by 10 nm of
HfO2 dielectric layers (purple layers in Fig. 5.1). The thickness of HfO2 was chosen
to correspond to thicknesses routinely achievable in atomic layer deposition [173,
174]. The optical properties of Ag were taken from [75], while the Sellmeier equa-
tion with three poles was used for the refractive index of HfO2 [183]. Under applied
bias between the Ag and the ITO in the geometry of Fig. 5.1, we consider a 2.5
nm accumulation layer to be formed in the HfO2-ITO interface [153, 161, 162]. In
Section 5.4 we perform a sensitivity analysis over the accumulation layer thickness
and maximum carrier density modulation in order to comprehensively assess the
tunability range for this design for various TCOs, transition-metal nitrides or de-
generate semiconductors and high-k dielectrics. We model both the background ITO
and the accumulation layer using the Drude model with higher carrier concentration
compared to the background, as discussed above (see Eq. (5.2)).

The drastic change in the carrier concentration across the ITO background and ac-
cumulation layer interface yields tunable optical parameters. We use the parameter
retrieval method discussed in Chapter 2 and in [47] to calculate the effective opti-
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Figure 5.3: Extraordinary dielectric permittivity of the TCO-based tunable
HMM depicted in Fig. 5.1. (a) Re(εe,eff ), (b) Im(εe,eff ). Legends correspond
to varying carrier concentration in the ITO accumulation layer, Nacc.

cal parameters εo,eff , εe,eff of this motif for increasing carrier concentration in the
accumulation layer of ITO. We note that, no high-index layers are incorporated in
the considered metamaterial, hence, following the results of Chapter 3, the mag-
netic permeability of this motif is approximately unity (µo,eff ≈ µe,eff ≈ 1), and the
effective magnetic parameters are not discussed further.

As the carrier concentration in the accumulation layer of ITO increases under applied
bias from the background value of 5× 1020/cm3 up to 7.5× 1021/cm3, correspond-
ing to experimentally reported carrier concentration changes [161], the Lorentzian-
shapped resonance in extraordinary permittivity εe,eff blue-shifts as seen in Fig. 5.3.
This resonance arises form the coupling of the plasmonic modes supported on the
metal/dielectric interfaces to the bulk high-k modes of the HMM [33]. The epsilon-
near-pole (ENP) wavelength of this dominant resonance blue-shifts under applied
bias by more than 60 nm, while remaining within the visible regime.

In contrast to εe,eff that is largely tunable, εo,eff does not exhibit significant tuning
with increasing bias, as shown in Fig. 5.4. The weak dependence of εo,eff on Nacc is
expected; the ITO accumulation layers are relatively thin (2.5 nm) compared to the
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Figure 5.4: Ordinary dielectric permittivity of the TCO-based tunable HMM
depicted in Fig. 5.1. (a) Re(εo,eff ), (b) Im(εo,eff ). Color map similar to Fig.
5.3.

Ag layers (20 nm), the response of which dominates along the in-plane direction,
consistent with effective medium theories (see Section 2.2).

As discussed in Chapter 3, TM polarized bulk modes experience an extreme anisotropic
response when propagating in planar HMMs, as dictated from Eq. (3.2). Sim-
ilar to naturally occurring uniaxial materials [1], we introduce here an effective
birefringence and dichroism for TM polarized modes, defined as Re(√εo,effµo,eff ) −
Re(√εe,effµo,eff ) and Im(√εo,effµo,eff )−Im(√εe,effµo,eff ), respectively. These param-
eters are shown in Fig. 5.5 for increasing carrier concentration in the accumulation
layer of ITO. As expected, HMMs exhibit extreme anisotropies, which is manifest
in large birefringence values. These by far exceed the birefringence of the most
anisotropic natural materials like liquid crystals and other uniaxial inorganic crys-
tals (c.f., Table 5.2). Notable is the broadband tunability of both birefringence and
dichroism across the whole visible spectrum.

The tunability of the effective parameters presented in Figs. 5.3, 5.4 has an effect
on the dispersion surface for TM polarized waves, as discussed in Chapter 3 (Eq.
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(3.2)). This can be illustrated by defining a metamaterial figure of merit (FOM),
FOM=Re(kz,eff )/Im(kz,eff ). In Figs. 5.6 a, b, c we display this parameter for carrier
concentration Nacc = 5 × 1020/cm3 = Nb, Nacc = 2.5 × 1021/cm3 and Nacc = 7.5 ×
1021/cm3, respectively. Active modulation of the ITO accumulation layer yields
drastic changes in the metamaterial FOM. The “valleys” and “ridges” in Fig. 5.6
are a good criterion for identifying regions of enhanced and suppressed density of
optical states, respectively [71]. Namely, the ridge in Fig. 5.6a, at wavelengths
400−500 nm, indicates a band gap where propagation is forbidden. The large FOM
values away from the band gap regime emphasize the hyperbolic response of the
heterostructure, supporting large-k values. As the bias in increased, in other words
for increased carrier density, in Fig. 5.6b, an additional band gap is introduced at
larger wavelengths 700−800 nm, due to the secondary Lorentzian-shapped resonance
in εe,eff , shown in Fig. 5.3 with green color. Further increase in the carrier density
or applied bias (Fig. 5.6c) leads to further spectral shift of the valleys and ridges.
We note that these figures of merit by far exceed previous generation metamaterials,
due to the intrinsic property of HMMs to support spectral regions of εo,effεe,eff < 0
and, therefore, large wavenumbers.

Material Birefringence
Al2O2 0.08
LiNbO3 0.085
Rutile 0.287
Nematic liquid crystals 0.4

Table 5.2: Birefringence Re(
√
εo) − Re(

√
εe) of anisotropic dielectric media

The tunable optical parameters for this metamaterial motif also yield changes in
the isofrequency contours and topological transitions. In Fig. 5.7, we present the
complex isofrequency contours for TM bulk modes. Both kx and kz are normalized
to the free space wavenumber ko = ω/c. Application of DC bias across the HMM
unit cell yields drastic changes in both the shape and type of the dispersion surface.
Additionally, the surface area enclosed by the isofrequency contours, which is pro-
portional to the total number of available optical states [41], changes significantly
with changes in ITO accumulation layer carrier concentration, yielding a route to
active control over the metamaterial optical density of states.

As can be seen from Fig. 5.7, for all the considered free-space wavelengths, the
topology of the dispersion surface changes with the ITO carrier density. The EFC
at wavelengths of 378 nm and 650 nm depict regions of type I and type II hyperbolic
dispersion, respectively. Hyperbolic dispersion of type I is a consequence of the
effective built-in dipole moment in the direction across the optical axis for oblique
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Dichroism defined as Im(√εo,effµo,eff )− Im(√εe,effµo,eff ). Legends correspond
to varying carrier concentration in the ITO accumulation layer, Nacc.

incidence and TM polarization, yielding εe,eff < 0. Type II hyperbolicity is the result
of the metallic response of the metamaterial along the in-plane direction (εo,eff < 0)
and the dielectric response along the optical axis (εe,eff > 0). Deviations of the
EFCs from perfect hyperbolic shapes are attributed to loss and spatial dispersion
(see Section 3.7).

For the wavelength of 520 nm, it is evident that the area enclosed by the real part of
the isofrequency surface decreases for increasing ITO carrier density. Additionally,
the losses increase with increasing ITO carrier density, as shown by the imaginary
parts of the EFCs. This wavelength falls inside a photonic band gap region for the
ITO carrier density Nacc = 7.5× 1021/cm3. At this carrier density, both parameters
εo,eff and εe,eff are negative, leading to a forbidden band (see Eq. (3.2)). Hence, at
this wavelength regime, the metamaterial experiences a topological transition from
a hyperbolic state to a forbidden region with increasing carrier concentration. For
800 nm wavelength, a similar observation is made for the green curve corresponding
to ITO carrier density of Nacc = 2.5× 1021/cm3. For this carrier concentration, the
metamaterial exhibits a band gap, as also indicated in Fig. 5.6b.
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Figure 5.6: Tunable figure of merit defined as Re(kz)/Im(kz) of the TCO-
based tunable HMM depicted in Fig. 5.1. Panels (a), (b), (c) correspond,
respectively, to Nacc = 5× 1020/cm3 = Nb, Nacc = 2.5× 1021/cm3 and Nacc =
7.5× 1021/cm3.

To illustrate the effects of tunable optical parameters on the effective band struc-
ture, we show in Fig. 5.8 the change in the topology of the frequency-dependent
three-dimensional dispersion surface for the two extreme cases of charge carrier con-
centration in the ITO accumulation layer, in the lossless limit. Within the optical
regime, we see an effective omnidirectional band gap (noticeable in the band dia-
gram along both the kx and kz axes in Figs. 5.8a, b, respectively), whose band edges
can be tuned by varying the applied bias. Additionally, we notice the appearance of
a new effective band gap and a new hyperbolic region, for larger accumulation layer
carrier concentration changes (Nacc = 7.5 × 1021/cm3 in Figs. 5.8c, d). Hence, the
field-effect provides sufficient change of the conductive oxide permittivity to allow
for spectral shifting of the hyperbolic regions and band gaps of HMMs and even to
allow for active opening and closing of band gaps.

5.4 Sensitivity analysis
As shown in Eq. (5.1), the parameter that principally defines the tunability range
of the effective optical properties of our metamaterial is the product Naccd, where
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Figure 5.7: Complex isofrequency contours at different wavelengths for the
TCO-based tunable HMM depicted in Fig. 5.1. Blue, green and red colors cor-
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Nacc = 7.5×1021/cm3. kx and kz are normalized to the free space wavenumber
ko = ω/c

Nacc is the maximum achievable carrier concentration in the accumulation layer of
the TCO before electrical breakdown occurs, and d is the Debye length or thick-
ness of the accumulation layer. We perform a sensitivity analysis of the retrieved
extraordinary permittivity εe,eff , separately as a function of Nacc and d, since εe,eff

is the optical parameter most drastically affected by the field-effect (Fig. 5.3). Both
for Nacc and d, we consider values within the range of previous experimental reports
[153, 161, 162, 167–169]. We suggest that this approach can provide useful insight
here, and also for other semiconductors and TCOs or transition-metal nitrides, as
active constituent materials in field-effect tunable metamaterial realizations. In Fig.
5.9 we illustrate the tunability of the ENP region of the primary Lorentzian reso-
nance (Fig. 5.3).



95

(ω
 i

n
 1

0
1

5
 r

a
d
/s

)

(c)

(ω
 i

n
 1

0
1

5
 r

a
d
/s

)

6

5

4

3

2

6

5

4

3

2

(a)

(ω
 i

n
 1

0
1

5
 r

a
d
/s

)
(d)

(ω
 i

n
 1

0
1

5
 r

a
d
/s

)

6

5

4

3

2

6

5

4

3

2

(b)

k
x
 (nm-1) k

z
 (nm-1)

-1 0 1 -1 0 1

k
z
 (nm-1)

-1 0 1

k
x
 (nm-1)

-1 0 1

Figure 5.8: Three-dimensional tunable dispersion surface for the TCO-based
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Both the carrier concentration Nacc and the Debye length d drastically impact the
spectral shift of εe,eff . As expected, thicker accumulation layers (i.e. larger d) is
desirable as it introduces larger shifts of the ENP. Similarly, being able to gate
TCO materials at very high carrier densities is also desirable for increased optical
tuning. We emphasize here on the importance of the electrical quality of the oxide
layer, which is critical for achieving experimentally observable spectral tuning.
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5.5 Graphene as an active component
Graphene is a two-dimensional, single-atom thick semimetal, initially extracted from
graphite in 2004, by A. Geim and K. Novoselov [184]. From its two-dimensional
nature arises the intriguing property of exhibiting linear electronic dispersion of
the form E ∝ |~k| near its charge neutrality point (CNP), as shown in Fig. 5.10a.
This is in contrast to conventional metallic systems where the electronic dispersion
is parabolic (E ∝ |~k|2). At the Dirac point or CNP, the density of electronic
states vanishes, however it is possible to tune graphene Fermi’s level EF via carrier
injection, chemically or by electrostatic changes to the carrier concentration [5,
120, 121, 184]. Hence the conductance of graphene σ, and therefore its optical
properties can be actively modulated in motifs where graphene is gated against
another conducting material.

Another interesting aspect of graphene is its ability to guide extremely confined
surface plasmonic modes [120, 121], with confinement factors that exceed any three-
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Figure 5.10: (a) Graphene’s Dirac cone. Here E and kx, kz are the energy and
wavenumbers of electrons, respectively, not to be confused with the wavenum-
ber k// in (b), which pertains to the incident electromagnetic field’s wavenum-
ber. (b) Schematic of graphene-based tunable hyperbolic metamaterial unit
cell. Directions (o) and (e) refer to the ordinary and extraordinary axes.

dimensional, bulk plasmonic metal. In contrast to plasmonic metals or to the TCO
family discussed in the previous sections, graphene’s lower carrier density yields plas-
monic properties in the IR range. Hence, it is an intriguing material to investigate
as a tunable metallic component in planar graphene/dielectric HMM configurations
(Fig. 5.10b).

In modeling graphene, we take its conductance at different values of EF from the
semi-analytical model provided in [185]. In order to account for two-dimensional
materials in the conventional transfer matrix approach discussed in Section 2.3 and
in Appendix A.1, we modify Maxwell’s boundary conditions for the magnetic field,
to consider a non-zero surface current density ~J = σ ~E induced by the incident
electric field ~E [186]. This results in the transfer matrix for graphene M~

~

graphene (or
any two-dimensional material described via a sheet conductance σ), given by

M~

~

graphene =

( 1 0
−4πσ/c 1

)
(5.3)

which is to be multiplied with the transfer matrix of Eq. (2.15), for multilayer
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heterostructures involving both two-dimensional and conventional three-dimensional
materials.

5.6 Tunable hyperbolic response at infrared frequencies
We envisage multilayer configurations of alternating graphene/high-strength dielec-
tric layers as depicted in Fig. 5.10b. Similar configurations have been considered in
[186] and in [187], however in previous reports, the dielectric layers were assumed
to be non-dispersive. We highlight that, typically, in the IR regime, dielectric ma-
terials exhibit phonon resonances as discussed in Chapter 4. For this reason, and in
order to examine a parameter space of experimentally reasonable configurations, we
assume here a typical polar dielectric response with Lorentzian-shapped resonances,
as discussed in Fig. 4.1. We particularly focus our studies in SiO2 dielectric layers,
due to the widespread use of SiO2 as an insulating material in graphene experiments
[5, 120]. As a result of accounting for phonon resonances, we observe interesting
ENZ regimes for the composite metamaterial, at IR frequencies. Such a response is
typically unfound in natural plasmonic metals, where the ENZ regime is physically
bound to UV-visible frequencies.

We perform transfer matrix calculations for the example system of Fig. 5.10b, for
SiO2 layers of thickness 100 nm, achievable either with electron-beam or thermal
evaporation, or growth on a Si substrate, for higher material quality. We consider
changes in graphene’s Fermi level EF from CNP, up to 1 eV. These can be induced by
gating the graphene mono-layers either against each other, as shown in Fig. 5.10b,
or against a common ground, which could be, for example, a substrate (such as
doped Si, which is commonly used for graphene experiments). The ordinary and
extraordinary permittivities of the metamaterial, εo,eff and εe,eff , at different EF, are
shown in Fig. 5.11. The effective parameters calculations were performed using the
parameter retrieval approach discussed in Chapter 2 and in [47].

Similar to the TCO-based metamaterial investigated above, the graphene-based
metamaterial studied here does not exhibit interesting magnetic properties (µo,eff ≈
µe,eff ≈ 1). This may seem counter-intuitive, as in Chapters 3 and 4 we empha-
sized that strong artificial magnetic effects require high-ε values to support strong
displacement currents ~Jdisp [98] (see Section 3.3), and the polar dielectric medium
(SiO2) does exhibit high-ε near its phonon resonances (∼ 10µm and ∼ 20µm). How-
ever, as discussed in Section 3.3, for strong magnetic effects, the high-ε layers should
be separated by some distance r so that a magnetic dipole moment ~Meff ∝ ~r× ~Jdisp

is built. In the case examined here, the SiO2 layers are separated by graphene mono-
layer of negligible thickness, hence r = 0 and the magnetic effects are unimportant.
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It is noteworthy that the extraordinary permittivity εe,eff of the metamaterial coin-
cides exactly with the permittivity of SiO2, εSiO2 , as shown in Figs. 5.11c, d, for all
considered gating levels or values of EF. This occurs due to the two-dimensional na-
ture of graphene; electric fields with out-of-plane (z) components do not experience
the graphene’s response and, instead, feel a purely dielectric environment.

By contrast, the ordinary permittivity εo,eff is largely tunable as depicted in Figs.
5.11a, b. At EF = 0, we obtain εo,eff = εe,eff = εSiO2 . This result is expected; as
explained above, at EF = 0 eV, graphene has a vanishing density of electronic states,
hence it is not conductive and its effect on the optical properties of the metamate-
rial is negligible, along all coordinate directions. By increasing EF, we observe an
induced metallic response along the in-plane direction, i.e. for electric fields with a
component parallel to the metamaterial’s interfaces. Maximum tunability of εo,eff

is observed at and below the phonon frequencies of the SiO2. Particularly, we ob-
serve two induced and tunable ENZ regimes for εo,eff , near the two phonons, i.e. at
wavelengths ∼ 10µm and ∼ 20µm. In Fig. 5.12 we provide an enlarged view of
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Re(εo,eff ).

With the reminder that εe,eff = εSiO2 for all considered values of EF, we infer from
Fig. 5.12 that this metamaterial exhibits topological transitions of its dispersion
surface from the elliptical state (εo,effεe,eff > 0) to the hyperbolic state (εo,eff < 0,
εe,eff > 0), as higher gate bias V is applied, i.e. for increasing values of EF. These
transitions occur at wavelengths between the two SiO2 phonons and also for wave-
lengths above the 20µm phonon. In order to quantify the degree of hyperbolicity
and to estimate the range of observable changes in the metamaterial’s dispersion,
we consider the equifrequency contours for bulk, TM polarized propagating modes
(see Eq. (3.2)) at different wavelengths, as shown in Fig. 5.13.

From Fig. 5.13a, at small wavelengths where the tunability range is small as shown
in Fig. 5.12, the EFC does not change considerably for different values of EF.
Particularly, since εo,eff is not largely tunable in this regime of wavelengths, we
have εo,eff ≈ εe,eff , hence the response is almost isotropic, as confirmed with the
circular shape of the EFCs in Fig. 5.13a. Small changes in the shape of the EFC
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from circular to elliptical arise from small changes in εo,eff with respect to εe,eff . By
contrast to the small wavelength regime, between the two phonons of SiO2 (∼ 10µm
and ∼ 20µm), the response of this metamaterial changes dramatically with applied
bias or increased EF. This is shown with the EFC in Fig. 5.13b, for a wavelength
of 16µm. At small values of EF, εo,eff ≈ εe,eff and the response is isotropic. With
increasing EF, εo,eff becomes negative, hence the EFC opens up into a hyperboloid.
Notably, the range of achievable wavenumbers kz is dramatically increased in the
hyperbolic regime, where we have kz ∼ 60ko.

A considerable impediment in practically utilizing the large wavenumbers supported
in traditional metallodielectric multilayer hyperbolic media -and, as a consequence,
their large density of optical states- is to find means of coupling into these high-
k states from free space (k// ≤ ko) [71]. In the case of graphene-based HMMs,
however, this issue is easily circumvented, as even unpatterned graphene provides
access to wavenumbers as large as k// ∼ 20ko due to its plasmonic properties below
its plasma frequency [120, 121]. Importantly, by patterning graphene, we can access
wavenumbers as large as k// ∼ 100ko [120, 121], for which we display a patterned
top-most graphene layer in Fig. 5.10b. Hence, with graphene/dielectric multilayer
HMM configurations (Fig. 5.10b), it becomes possible to achieve confinement factors
for bulk propagating modes (apart from guided surface plasmonic modes) below the
diffraction limit.
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5.7 Conclusion
In conclusion, we outlined methods for electronically tuning the response of planar
hyperbolic metamaterials at visible and IR frequencies, using transparent conductive
oxides and graphene as active components, respectively.

In the visible regime, we introduced a field-effect gating scheme for electrical modu-
lation of the permittivity in transparent conductive oxide layers. By incorporating
a TCO into a typical metallodielectric metamaterial and altering the carrier density
in accumulation regions, we observe the opening and closing of optical omnidirec-
tional band gaps controlled by applied bias, which corresponds to a tunable figure
of merit with values as high as 15 in the hyperbolic regime while vanishing at the
band gaps. The field-effect allows spectral tunability of the effective extraordinary
permittivity (εe,eff) along the optical axis (z direction). We predict blue shifts of
εe,eff near its resonance by more than 60 nm in the visible regime. This also gives rise
to broadband tunability of the effective birefringence and dichroism, with potential
for novel photonic devices like tunable metallodielectric waveguides, optical sensors,
filters and polarizers. Such active control over the complex parameters of metama-
terials is also essential for slow light media and holographic displays. Our sensitivity
analysis with respect to changes in the TCO carrier concentration and accumulation
layer thickness indicates the robustness of the field-effect as a tuning mechanism.
The straightforward fabrication of multilayer metamaterials by thin-film deposition
techniques suggests that the experimental realization of tunable field-effect metama-
terials with active materials such as TCOs, transition-metal nitrides or degenerately
doped semiconductors is well within reach.

In the IR regime, we envisage graphene as a tunable element, integrated into pla-
nar heterostructures that allow carrier injection for optical tuning. Particularly, we
investigate heterostructures composed of alternating layers of graphene and high-
strength polar dielectric materials. Via electrostatic gating in graphene layers, one
is able to actively alter the Fermi level EF, which in turn yields an overall tunable
response of the metamaterial. In contrast to the visible regime where the forma-
tion of accumulation and depletion regions along the optical axis (z) yields tunable
extraordinary permittivity, the two-dimensional nature of graphene yields optical
tuning in the direction parallel to the layers, i.e. for the ordinary permittivity εo,eff .
By raising previous assumptions regarding the non-dispersive nature of the dielec-
tric layers, we observe largely tunable values of εo,eff near the phonon resonances of
the dielectric material. The tunability of the effective parameters extends across a
wide range of frequencies, from the IR to the microwave regime. The extraordinary
plasmonic properties of graphene allow large confinement factors and coupling into
very high-k modes (k// ∼ 100ko), taking full advantage of the hyperbolic response
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of planar metallodielectric heterostructures.

By combining the two concepts outlined above, i.e. (i) carrier injection in accumula-
tion regions of TCOs, transition-metal nitrides or degenerately doped semiconduc-
tors via the field-effect and (ii) carrier injection in graphene via electrostatic gating,
one may envision gaining active control and tunable response along all coordinate
directions simultaneously, for frequencies ranging from the IR to the microwave
regime.
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C h a p t e r 6

ULTRA-LIGHT VAN DER WAALS HETEROSTRUCTURES
AS SUPERMETALS

“What could we do with layered structures with just the right layers? What would
the properties of materials be if we could really arrange the atoms the way we want
them? They would be very interesting to investigate theoretically.”

Richard P. Feynman, Plenty of Room at the Bottom, 1959

6.1 What makes a perfect reflector? Beyond noble metals
In this final chapter, we search for artificial matter that exhibits ultra-reflective
properties. Although the question of what makes a perfect reflector may seem
rather fundamental, the search for perfect reflection is motivated by technological
needs and applications. Particularly, nearly perfect reflection is a requirement in
designing compact waveguides that operate based on total-internal-reflection. It
is also a necessary functionality for state-of-the-art aerospace technology, where
the quality factor of a mirror is a crucial parameter. Perfectly reflecting materials
are also necessary for engineering emission, serving as back-reflectors in absorbing
systems for solar energy technologies [5, 188], as well as for cloacking macroscopic
objects, such as aircrafts.

So far, engineering reflection has been discussed in Chapter 1, in the context of pho-
tonic crystals and particularly Bragg mirrors. However, Bragg mirrors are limited
by narrow bandwidth as can be seen from Fig. 1.5. Aside from Bragg reflectors,
broadband perfect reflection requires high electrical conductance, in other words
low electrical resistivity, typically found in noble metals with large charge carrier
density. In Table 6.1, we list the twenty most conductive elemental metals, sorted
with increasing bulk room-temperature resistivity ρo,rt [189]. In the far-IR, certain
metals act as perfect electrical conductors (PECs). A PEC is formally defined as a
material with Re(ε) → −∞, while Im(ε) → 0 that reflects perfectly. Critical param-
eters for a PEC are the carrier relaxation time τ , which ought to be small for highly
conductive materials with few collisions and low loss (Im(ε) → 0), and the Fermi
velocity vf , which needs to be large for carriers (electrons) with high mobility. From
Table 6.1 it is clear that gold (Au) and silver (Ag) outperform other metals and are
the two most widely used materials for mirroring systems in the mid-long-wave IR.
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Element ρo,rt (µΩ cm) vf (105 m/s) τ (fs)
Silver 1.587 14.48 36.8
Cooper 1.678 11.09 36.0
Gold 2.214 13.82 27.3
Aluminum 2.650 15.99 11.8
Calcium 3.36 4.80 73.6
Beryllium 3.56 12.62 37.0/59.1
Magnesium 4.39 11.63 19.6/16.6
Rhodium 4.7 6.67 10.3
Sodium 4.77 10.21 30.2
Iridium 5.2 8.54 8.30
Tungsten 5.28 9.71 16.0
Molybdenum 5.34 9.18 12.2
Zinc 5.9 15.66 11.5/8.31
Cobalt 6.2 2.55 21.2/17.6
Nickel 6.93 2.34 14.5
Potassium 7.20 7.94 39.7
Cadmium 7.5 15.55 11.1/9.18
Ruthenium 7.8 7.24 8.82/7.07
Indium 8.8 16.32 5.27/5.05
Osmium 8.9 8.19 8.54/6.19

Table 6.1: List of the twenty most conductive elemental metals sorted with
increasing bulk room-temperature resistivity ρo,rt from [189]. For hexagonal
and tetragonal crystal structures (hexagonal closely packed and body-centered
tetragonal), the two listed values are for transport perpendicular and parallel
to the hexagonal/tetragonal axis.

However, in all conventional noble metals, the high density of states near the Fermi
level leads to a rather small relaxation time, which is on the order of tens of fs (see
Table 6.1). Furthermore, increased ohmic losses, expressed through the imaginary
part of the dielectric permittivity, Im(ε), further limit the performance of noble
metals as PECs. The degree of mobility of charge carriers can be measured in terms
of their effective mass, and noble metals typically exhibit a rather large effective
mass, approximately equal to the free electron mass [189]. Finally, we note that
conventional noble metals have high mass density. Decreasing mass density is highly
desirable, for example in space exploration devices and systems.

6.2 Graphene-based van der Waals heterostructures
In contrast to the aforementioned limitations of noble metals, the two-dimensional
nature of graphene and its unique linear electronic dispersion yield a much larger
relaxation time, due to its lower electronic density of states, as well as an effective
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mass approaching zero, both of which enhance the carrier mobility in comparison
to metals [184]. Although graphene typically has lower carrier density than Ag and
Au, its important features of high mobility and tunable Fermi level, for example
through external bias or carrier injection, motivate us to seek for graphene-based
heterostructures that may surpass the photonic and plasmonic properties of noble
metals [18].

To circumvent the issue of low carrier density in graphene, we investigate a large
number of graphene sheets stacked in combination with other two-dimensional ma-
terials in layered arrangements, termed van der Waals (vdW) heterostructures [15,
190]. While the electronic and phononic properties of graphene-based heterostruc-
tures have been widely investigated, photonic research on these materials has pre-
viously focused on graphene layers separated by hundreds of nanometers to mi-
crometers [186, 191–194]. In contrast, here [18] we focus on Angstrom (Å)-scale
photonics, where graphene and hexagonal boron nitride (hBN) mono-layers are at
their equilibrium separation (3.3−3.4 Å), as shown in Fig. 6.1a; We also investigate
doped graphite, where graphene sheets are at their equilibrium separation (3.3−3.4
Å); results for the free-standing graphene case with double the layer spacing are
shown throughout for comparison to highlight the effect of interlayer interactions.
These interlayer electronic interactions are accounted for using ab initio electronic
calculations [195] and make this Å-scale regime distinct from conventional photonic
crystals and metamaterials. We compare the performance of these heterostructures
as reflectors with silver and gold.

6.3 Computational approach and effective mass
For a layered arrangement composed of two-dimensional materials, the dominant in-
plane (ordinary) dielectric response is conveniently expressed through the effective
medium theory [185] as

ε∞//(ω) = 1 + iσ(ω)
ωd

(6.1)

where d is the spacing between adjacent layers and σ(ω) is the sheet conductance of
the mono-layer, σ(ω) = σintra(ω) + σdirect(ω). The first term captures the intraband
response of free carriers in the material, and the second term describes the effect of
interband transitions and is evaluated using Fermi’s Golden rule. Both terms are
computed using previously developed density functional theory (DFT)-based ab ini-
tio predictions that are outlined in detail in Appendix A.3 [195–197]. We note that,
in computing the conductance of 2D materials stacked in vdW heterostructures, the
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Figure 6.1: (a) Schematics of 2D materials, graphene-based vdW heterostruc-
tures and 3D noble metals. (b) Comparison of the average lifetime τ as a
function of the Fermi level in 2D materials, heterostructures and the best-case
3D metals: Ag and Au. (c) The effective mass parameter for the stack, as a
function of the EF , connects our analytical understanding of Å-scale metama-
terials with ab initio calculations. In panels (d) and (e) we show the Re(ε) and
Im(ε) of graphene-based heterostructures in comparison with the permittiv-
ity of Au and Ag. Results for the heterostructures are shown at 0.2 eV Fermi
level, as this is the doping regime where they reflect maximally for wavelengths
above 10 µm.
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effects of the environment and the electronic interactions between adjacent layers
are fully accounted for.

The dielectric permittivities of the vdW heterostructures examined here are pre-
sented in Figs. 6.1d, e in the limit of infinite number of layers, and compared with
the response of Ag and Au. We point out that results pertaining to Ag and Au
are also derived ab initio [196, 197] assuming perfect crystalline metals. At low fre-
quencies, intraband transitions dominate and the response of the heterostructures
resembles a typical Drude material. In this limit of low frequencies we are, thus,
able to approximate the dielectric response of the vdW heterostructures with the
Drude model via

εDrude = ε = 1−
ω2

p
ω2 + iωγD

(6.2)

where ω2
p = n3De

2/εomeff,D, where εo is the dielectric permittivity of free space,
γ−D1 = τD is the Drude carrier relaxation time and n3D is the three-dimensional
carrier density of the heterostructure. meff,D is the Drude effective mass that we
seek to estimate.

Let us assume an arrangement of Ng graphene mono-layers separated by distance
d. The in-plane two-dimensional carrier density of graphene is given by n2D =

E2
F/(π~2v2

F) [193]. The three-dimensional carrier density of the heterostructure is
then given by

n3D = n2D
Ng

(Ng − 1)d
=

E2
F

π~2v2
F

Ng
(Ng − 1)d

(6.3)

In the mid-far IR, where intraband transitions dominate, the conductance of graphene
can be approximated with the analytical expression [185, 193]

σ = σintra =
ie2EF

π~2(ω + iγg)
(6.4)

where γ−g 1 = τg is the ab initio computed carrier relaxation time in graphene [195],
the computation of which is discussed in Appendix A.3. By equating Eqs. (6.1) and
(6.2) using the analysis above, we obtain

meff,D =
NG

NG − 1
EF
v2

F
(6.5)

and
τD = τg (6.6)
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Eqs. (6.5), (6.6) are useful in allowing us to build intuition about the response of
the vdW heterostructures as effective media with an effective mass that, in the large
number of layers, reduces to meff =

EF
v2
F
. Furthermore, unsurprisingly, from Eq. (6.6)

we derive that in the in-plane direction, in other words, for electromagnetic fields
incident normal to the layers, the carrier relaxation time of the three-dimensional
heterostructures is equal to the scattering time of the mono-layer itself.

In Figs. 6.1b, c we respectively show the parameters τ and meff of the graphene-
based heterostructures as a function of the change in Fermi level ∆EF from the
neutral value (Dirac point). We highlight the extremely large τ ∼ 1 ps for undoped
graphene in air, which drops to ∼ 200 fs in graphite due to interlayer interactions.
In contrast, encapsulating graphene with boron nitride layers increases the undoped
τ even further to ∼ 2 ps, despite having the same spacing between adjacent mono-
layers as in graphite. With increasing EF and carrier density, τ drops rapidly. This
is a consequence of increasing the phase-space for electron-phonon scattering, which
in turn is due to increased electronic density of states near the Fermi level, g(EF).
For comparison, we also show the emphab initio computed relaxation times for noble
metals, gold and silver, which are much smaller (∼ 30 and 40 fs respectively) and
mostly insensitive to EF since g(EF) depends weakly on EF. We further note that
EF cannot be changed easily for these metals in experiments.

Regarding the effective mass for the vdW heterostructures, meff increases linearly
in the ideal case of perfect linear dispersion, with slight deviations due to band
structure effects (Fig. 6.1c). We highlight that meff for the vdW heterostructures is
consistently smaller than meff ≈ me of metals. Concluding, the graphene-based het-
erostructures have a much higher τ and a lower meff . These properties in graphene-
based heterostructures compared to noble metals motivate us to investigate their
optical properties.

Although, from Figs. 6.1b, c, the maximum electronic scattering time and minimum
effective mass are seen at the charge neutrality point (∆EF ≈ 0 eV), graphene at 0
eV does not contain enough carriers to produce a strong metallic response. We find
that ∆EF ≈ 0.2 eV is the optimum doping level which provides the best tradeoff
between increasing carrier density and correspondingly decreasing scattering time.
Figs. 6.1d, e compare the real and imaginary parts of the in-plane permittivity
of the graphene heterostructures with those of noble metals at this carrier density,
in the infinite number of layers limit. The real parts of the permittivities of the
heterostructures in the IR are smaller than that of the noble metals by typically
two orders of magnitude. However, the ratio of imaginary to real parts is smaller
by an extra factor of 2 − 3. This smaller imaginary-to-real ratio compensates for
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the lower plasma frequency and makes the graphene-based heterostructures better
reflectors in the IR due to reduced losses, as we discuss below. We point out here
that results pertaining to Ag and Au are also derived ab initio, assuming perfect
crystalline metals.

To realistically compare the utility of graphene vdW heterostructures as reflectors,
we transition from the infinite stacks of considered above to stacks of finite thick-
ness. To do this, we perform electromagnetic transfer matrix calculations for layered
media [1]. Contrary to materials of finite thickness, we modify Maxwell’s boundary
conditions to account for a non-vanishing surface current density, arising from the
two-dimensional sheet conductance of the mono-layers, as discussed in Section 5.5
[186].

6.4 Shinier than gold and silver!
In Fig. 6.2 we show the reflectance of the vdW materials for the bulk (semi-infinite)
limit, as well as for finite stacks of 1000, 500, and 250 sheets and compare with
the Ag/Au slabs of the same mass per area, which is the relevant metric for ultra-
light reflectors. The reflectance of the vdW heterostructures surpasses that of noble
metals above a critical wavelength, λ > 10 µm for the semi-infinite case, λ > 15 µm
for 1000 layers, λ > 20 µm for 500 layers, and λ > 20 µm for 250 layers.

We note that silver and gold slabs of mass densities 19 µg/cm2 (that of 250 sheets)
correspond to thicknesses of 18.1 nm and 9.85 nm, respectively. Despite the high-
fidelity of state-of-the-art thin-film deposition systems, deposition of such ultra-thin
silver and gold films is still known to lead to island formation and grain-boundary
inhomogeneities that would further lessen the reflectance in realistic experimental
conditions. Fabrication of graphene-based structures entails challenges as well, for
example, issues with adhesion, buckling, and uniaxial tension, particularly when
integrated with traditional dielectric materials [198]. However, recent experimen-
tal advances in assembly of vdW graphene heterostructures provide a pathway to
uniform, large-scale components with potential for ultralight, long-IR mirrors [190,
199]. Furthermore, recent work has proposed Li-intercalated graphene layers (doped
graphite-Fig. 6.1) as a potential system to realize the structures discussed here [200,
201]. Finally we emphasize that the high reflectivity of graphene-based vdW het-
erostructures discussed here critically requires sufficient free carriers (for which we
selected ∆EF ≈ 0.2 eV). In contrast, undoped graphite with few free carriers exhibits
a much lower reflectance of ∼ 75% [202].
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Figure 6.2: Normal incidence reflectance of graphene-air metamaterial, doped
graphite, graphene-hBN heterostructure (all doped at 0.2 eV) and comparison
to Ag and Au. The reflectance of graphene-based heterostructures surpasses
conventional noble metals in the mid-IR, above 10 µm. Panels correspond to
the same (per area) mass densities: (a): bulk, (b): 1000 layers, corresponding
to 72.4 nm of Ag and 39.4nm of Au. (c): 500 layers, corresponding to 36.2
nm of Ag and 19.7 nm of Au. (d): 250 layers, corresponding to 18.1 nm of
Ag and 9.85 nm of Au. Note that the silver and gold values are based on ab
initio results for perfect conditions and therefore are the theoretical limit for
these metals. Experimentally realized metallic thin films will compromise the
magnitude of reflectance.

6.5 Loss tangent and quality factors
In discussing the permittivities shown in Figs. 6.1d, e above, we noted that the
ratio of imaginary to real permittivity (i.e. the loss tangent tanδ) was smaller in the
vdW heterostructures than in noble metals, which resulted in lower losses. A metric
that directly illustrates the superior performance of graphene heterostructures as
plasmonic systems compared to noble metals is the material quality factor Q =
1/tanδ = Re(ε)/Im(ε) and its inverse, the material loss tangent, shown in Fig. 6.3a.
For the chosen doping level of 0.2 eV and for wavelengths λ > 15 µm, the vdW
heterostructures are expected to show an order of magnitude higher performance as
electromagnetic materials compared to noble metals, thereby making these materials
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particularly suited for mid-long-wave IR applications. We note that the peaks in
Fig. 6.3a correspond to the respective plasma frequency for each material system, for
which Re(ε) → 0; vdW heterostructures have much lower carrier density compared
to noble metals, hence their Q-factor peak is located approximately at λ ≈ 10 µm.
By contrast, noble metals that are highly doped have a plasma frequency in the
UV-visible spectrum, with Q-factor peaks in this regime (below λ ≈ 1 µm).
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Figure 6.3: (a) Material quality factor Q = Re(ε)/Im(ε) and loss tangent
(tanδ = Q−1) and (b) the plasmonic modal quality factor QW = Re(β)/Im(β)
for the symmetric mode in a metal/dielectric/metal waveguide, where the
‘metal’ is either a conventional noble metal or a vdW heterostructure and the
dielectric is 0.1 µm of air.

6.6 Plasmonic propagation in vdW heterostructures
Finally, we investigate the performance of these materials in an alternating metal/dielectric/metal
waveguide geometry. Such structures have been widely investigated in the visible
part of the spectrum using plasmonic metals, such as Ag and Au [8, 92, 135]. On the
basis of our results, we envision replacing the metal with a vdW heterostructure to
improve performance for mid-IR applications. For simplicity, we take the dielectric
to be 0.1 µm of air. We use our predicted dielectric functions in the formalism from
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Alu et al. in [203] to evaluate the plasmonic in-plane wavenumber (β). Fig. 6.3b
compares the plasmonic quality factor QW = Re(β)/Im(β) for the symmetric mode
between vdW heterostructures and noble metals, while in Fig. 6.4 we explicitly
compare the corresponding dispersion relations. The plasmonic quality factor QW

estimates the propagation length in number of mode-wavelengths, which shows a
3− 5-fold improvement for the vdW heterostructures compared to noble metals for
λ > 15 µm. In absolute terms, compared to propagation distances of 50− 60 mode-
wavelengths with use of Ag or Au in the mid-IR, a graphene/hBN- based waveguide
supports propagation distances that may exceed 200 mode-wavelengths.
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Figure 6.4: Comparison of dispersion relations for the symmetric mode in
the metal/dielectric/metal waveguide considered in Fig. 6.3 (b). The larger
Re(β) with vdW heterostructures corresponds to smaller effective wavelength
and improved mode confinement. The smaller Im(β) for ν < 25 THz yields a
two-fold increase in the decay length of the mode.

Fig. 6.4 shows the dispersion relation of the symmetric waveguide mode, which
asymptotically approaches the surface plasma frequency ωsp [8, 92, 135], a typical
trend for any plasmonic mode. The modal wavenumber (Re(β)) reaches a maxi-
mum at ωsp and then returns towards the light line as losses increase and the mode
becomes leaky. This feature is observable in the mid-IR frequency range for all the
vdW heterostructures, with slightly different resonance frequencies ranging from 60
to 70 THz, while corresponding features for the noble metal waveguides will appear
above 500 THz in the UV-visible regime as discussed above. The larger in-plane
wavenumbers (Re(β)) of the modes in the vdW heterostructure-based waveguide
lead to shorter in-plane effective wavelengths and correspondingly higher mode con-
finement in the directions perpendicular to the waveguide’s interfaces. Furthermore,
the smaller imaginary parts (Im(β)) illustrate larger propagation distances, as dis-
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cussed in Fig. 6.3b.

6.7 Conclusion
Using a combination of ab initio DFT methods and optical transfer matrix calcu-
lations we showed that the long electron relaxation times in graphene-based vdW
heterostructures lead to improved optical properties compared to noble metals, in
the mid-long-IR regime. In particular, we predicted an order of magnitude improve-
ment in terms of their material performance as plasmonic metals. Furthermore, we
showed that graphene-based vdW heterostructures can surpass the reflectance limit
of Ag and Au [18].

This suggests the possibility of replacing current noble metal components in opto-
electronic devices with vdW heterostructures, which can also be tuned in real time,
for example via external bias. Hence, our results hold promise for improved material
performance in active waveguiding systems, Salisbury screens for perfect absorption,
and engineering Purcell enhancements, among others. Furthermore, we highlight
that vdW heterostructures exhibit substantially reduced mass density compared to
noble metals, which constitutes them particularly relevant for aerospace applica-
tions, where mass density becomes an important figure of merit. The increased
carrier density in graphene-based vdW heterostructures required for unlocking their
low-loss plasmonic response in the mid-IR may be achieved by gating alternating
graphene layers separated by hBN. The doping of graphite, for example with Li
intercalation, is also an option for experimental realization of the concept proposed
here [200, 201].
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C h a p t e r 7

SUMMARY & OUTLOOK

“The science of today is the technology of tomorrow.”

Edward Teller

7.1 Summary
Research in artificial matter and light-matter interactions with metamaterials has
experienced rapid advancement within the last twenty years, mainly due to techno-
logical progress in nanofabrication. Three-dimensional laser lithography and elec-
tron beams allow one to write structures with precision in the nanometer scale.
Developed metamaterials have dramatically expanded the range of achievable elec-
tromagnetic properties and extraordinary values of dielectric permittivity and mag-
netic permeability have been reported, inaccessible with natural materials.

As miniaturization requirements increase, however, the structural complexity of
metamaterials must reduce. For this reason, within the last decade, research in
photonics has revisited an older problem; that of light propagation in planar, multi-
layer and unpatterned systems. It is noteworthy that phenomena initially thought
to be achievable only with complex three-dimensional arrangements are also sup-
ported, among other unprecedented effects, in planar metallodielectric multilayer
(hyperbolic) metamaterials, which is the subject of this thesis.

We started our investigation by developing an inverse problem solver; a parameter
retrieval approach that computes the macroscopic effective properties of any uniax-
ial metamaterial, and we studied planar metallodielectric multilayers; see Chapter
2 [47]. The purpose of introducing macroscopic effective parameters for metamate-
rials is to simplify the computation of wave propagation phenomena and to build
intuition for their principle of operation. Contrary to the long-standing perception
that in planar systems µ = 1, we found and experimentally confirmed in Chapter 3
that such systems support magnetic dipole moments and exhibit artificial magnetic
properties. We explicitly computed and verified experimentally extraordinary val-
ues of magnetic permeability ranging from positive, zero to negative values. These
findings simplify the ways we can harness optical artificial magnetism, using simple
thin-film deposition techniques without any lithography [12].
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Until recently, most light-matter interactions were manipulated using the dielectric
properties of matter, rather than its magnetic properties that vanish at frequen-
cies above the THz range. An important example is the surface plasmon polariton,
a surface wave that gave birth to the field of plasmonics, which occurs naturally
only for ε < 0 and for transverse magnetic polarization, due to lack of magnetic
properties in natural substances. We showed in Chapter 3 that, using artificially
magnetic multilayer metallodielectric metamaterials, magnetic plasmons can propa-
gate simultaneously with typical SPPs, generalizing their properties for unpolarized
light.

We further extended and simplified these results by identifying material systems
where one obtains omnipolarization surface waves using high-permittivity materi-
als, which are the best alternative to magnetic media that do not occur at high
frequencies, see Chapter 4. We investigated polar dielectrics near their phonon
energies at infrared frequencies and transition-metal dichalcogenides near their ex-
citonic resonances at visible frequencies, in systems that support transverse electric
polarized waves simultaneously with their TE counterparts (i.e. hybrid plasmonic
waves).

Motivated by the possibility of creating actively tunable material systems, the re-
sponse of which can be tuned dynamically, we transitioned in Chapter 5 to study ac-
tive materials as components of planar metallodielectric metamaterials. We showed
that use of transparent conductive oxides in traditional field-effect metal/oxide/semiconductor
geometries can yield a tunable hyperbolic response at visible-near IR frequencies
[48]. Similar findings were reported with the use of graphene, a two-dimensional
semimetal that, when gated, alters its chemical potential and hence its optical re-
sponse. As a component of a planar heterostructure, graphene can serve as a tunable
element, via external bias, for obtaining tunable metamaterial functionalities for fre-
quencies ranging from the near-IR up to the microwave regime.

In Chapter 6 we studied heterostructures composed of purely two-dimensional ma-
terials. Motivated by the Dirac dispersion of electronic states in graphene that gives
practically zero effective mass, and by its very large electronic relaxation times com-
pared to noble metals, we sought for graphene-based van der Waals heterostructures
that act as supermetals [18]. By comparing these material systems with noble met-
als, namely silver and gold, we obtain a 3- to 5-fold improvement in material quality
factors that may hold promise for future optical components with reflectivity that
surpasses the Ag and Au limit. The additional advantage of an order of magnitude
lower mass density of van der Waals heterostructures compared to noble metals,
these arrangements can be particularly useful for space exploration applications
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and systems.

7.2 Outlook
Therefore, having developed knowledge in the following areas: (i) artificial mag-
netism in one-dimension, using planar structures, (ii) omnipolarization surface waves,
(iii) actively tunable response via external bias at visible and IR frequencies, and
(iv) modeling van der Waals heterostructures and inducing perfect electrical con-
ductor response, we proceed by envisioning areas in which these ideas can be applied
and expanded. We further seek and comment on relevant applications where the
discussed concepts may be employed.

All-van der Waals perfect absorbers

Nanophotonic devices that emit radiation efficiently and selectively across the IR
range (700 nm-1 mm) hold promise for next generation energy technologies. Partic-
ularly, they allow electricity-free radiative cooling [204], the temperature reduction
of hot objects passively, through emission of electromagnetic radiation. This func-
tionality is key for reducing energy consumption, for example lowering the required
cooling load in air-conditioned buildings, and consequently decreasing their sizable
negative impact on energy use. Furthermore, energy-harvesting devices, e.g. solar
cells, suffer from compromised performance when over-heated. Passive control of
their cooling will lower their power consumption and allow robust operation.

Kirchhoff’s law states that the far-field emission of a body equals its absorption.
Achieving perfect absorption in nanophotonics typically employs an absorbing mul-
tilayer system composed of different materials, terminated with a back reflector
able to redirect the otherwise-escaping radiation back into the structure [5]; see
Fig. 7.1a. Current state-of-the-art radiative cooling approaches use conventional
materials with individual layer thicknesses ranging between 13-80 nm [204]. For
the back-side reflector, typically silver and gold are utilized due to their PEC-like
response.

Based on our previous results on ultra-light perfect reflectors with van der Waals
graphene-based heterostructures (Chapter 6 and [18]), we envisage here all-van der
Waals-based perfect absorbers. Particularly, graphene-based heterostructures (in-
cluding doped graphite and graphene/hexagonal boron nitride alternating mono-
layers) can comprise the back reflector with performance that surpasses Ag and
Au (see Fig. 6.2). Furthermore, previous results on other two-dimensional materi-
als, for example black phosphorus, transition-metal dichalcogenides (molybdenum
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Figure 7.1: (a) All-van der Waals perfect absorbers, (b) Artificial magnetism
for controlling light emission, (c) Unpolarized plasmonics for near-field heat
transfer, (d) Casimir forces in van der Waals heterostructures.

and tungsten) [205] and others, suggest that the absorbing layer can also be com-
pletely replaced by two-dimensional materials, for realizing all-van der Waals-based
perfect absorbers. Replacing conventional absorbing materials with van der Waals
heterostructures for all of the structure’s components will dramatically decrease the
dimensions of perfect absorbing schemes down to the Angstrom scale, therefore al-
lowing maximum light-matter interaction in minimum volume. Additionally, van
der Waals heterostructures have significantly reduced mass density compared to
conventional metals and dielectrics, therefore yielding ultra-light photonic devices.
See Fig. 7.1a.

Artificial magnetism for controlling light emission

Light emission from solid-state quantum emitters impacts a variety of applications
ranging from imaging fluorescence to performing simple quantum operations with
light-emitting particles. Controlling the environment of a quantum emitter allows
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engineering its emission properties, such as directionality, lifetime and polarization.
Although light emission occurs due to both electric and magnetic dipoles, most
applications pertaining to luminescence and emission control are limited to electric
dipole transitions in ionic materials. This arises from the asymmetry in naturally
occurring substances that exhibit a wide range of dielectric properties, expressed
through the values of the permittivity values, ε, while at frequencies above the
THz range the magnetic permeability of most materials is strictly unity, µ = 1 (see
Chapter 3). Therefore, strong interactions between matter and emitted electric fields
can be achieved, whereas it is very challenging to observe strong optical interactions
with magnetic dipole emitters using conventional materials.

As discussed in Chapter 3, the absence of high-frequency natural magnetism has
motivated research in artificially magnetic metamaterials. Split-ring resonators
and fishnet structures are currently the most widely reported magnetic elements
at frequencies beyond THz. However, the structural complexity of such motifs con-
stitutes them challenging to realize experimentally at IR and optical frequencies
where light emission becomes relevant, requiring multiple lithographic steps with
nanoscale precision. By contrast, our results discussed in Chapter 3 suggest that
artificial magnetic response can be induced in planar multilayr arrangements, by
utilizing dielectric layers that support strong loop-like displacement currents and,
therefore, magnetic dipole moments [12].

We envision probing and enhancing light emission not only with electric dipoles but
also by utilizing the magnetic nature of light in experimentally reasonable, planar
geometries. Particularly, by engineering artificial magnetic dipoles to occur at fre-
quencies where natural optical magnetic dipole transitions occur, for example in
lathanide ions such as trivalent erbium or europium [206], one can engineer the Pur-
cell factor of magnetic dipole moments [207]. Furthermore, extending the concept
of artificial magnetism to two-dimensional materials and van der Waals heterostruc-
tures, one can envisage ultra-thin van der Waals heterostructures for controlling
light emission from electric and magnetic dipole emitters simultaneously, see Fig.
7.1b. Specifically, as discussed in Chapters 3 and 4, the key-requirement for in-
ducing magnetic dipole moments in planar systems is very large permittivity ε. At
visible and IR frequencies there exists a plethora of such two-dimensional materials,
for example transition-metal dichalcogenides and polar dielectrics (c.f. hBN) near
their excitonic and phonon resonances, respectively. Utilizing such ultra-thin pla-
nar heterostructures for emission control can also be advantageous as the emitter
(ion)-heterostructure interaction occurs in a much smaller scale compared to bulky
conventional photonic multilayers, yielding improved emission control.
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Unpolarized plasmonics for near-field heat transfer

A broad range of applications in medical technology, chemistry, energy, lasers, and
luminescence have advanced with the rise of plasmonics, which are surface-confined
electromagnetic modes at the interface between a metallic and a dielectric medium
(see Chapters 3, 4). Despite their well-known potential in achieving an extremely
high degree of confinement [92], plasmonics are limited to negative dielectric per-
mittivity (ε < 0) materials and to electromagnetic fields polarized with an electric
field normal to the direction of propagation, i.e. transverse magnetic fields. The
counterpart of a plasmon for transverse electric polarization, i.e. a magnetic plas-
mon, has not been reported due to the absence of naturally occurring materials with
negative magnetic permeability (µ < 0). Combining transverse magnetic and trans-
verse electric surface waves in ultra-thin heterostructures will increase the impact
and relevance of plasmonics for technology. An important application is thermal
control, and particularly near-field heat transfer, a process enabling exchanges rates
beyond the Stefan-Boltzmann limit between objects separated by submicron dis-
tances, promising drastically improved throughput in thermophotovoltaics [208].
Heat transfer occurs via photon coupling between objects of different temperatures,
through plasmonic surface waves. The polarization dependence of surface plasmons
reduces their ability to tunnel photons to 50%, with the other half of the provided
thermal energy being wasted.

Utilizing our results in Chapter 3, suggesting that µ can be negative in metallodi-
electric heterostructures, and from our results in Chapter 4 where we explicitly
show transverse electric surface waves in materials with high-ε, we are motivated
to imagine applications of omnidirectional surface waves in near-field heat transfer
for energy applications. The relevant wavelength regime for solar applications is
from the visible spectrum to approximately 3 µm. In this regime, there exist a
large canvas of naturally occurring materials with high-ε, for example polar dielec-
tric materials near their phonon energies that lie at IR frequencies. In the world
of two-dimensional materials, there are similar opportunities for magnetic surface
waves, using transition-metal dichalcogenides, with excitonic resonances that lie at
visible frequencies, and two-dimensional polar dielectric media, for example hexag-
onal boron nitride. Combining such materials with graphene [208], which supports
transverse magnetic polarized plasmons, we envisage phase-matched omnipolariza-
tion propagation of surface waves in van der Waals heterostructures. Achieving
excitation and detection of such waves can improve near-field heat transfer rates
and high-temperature (600-1200K) solid-state energy conversion, see Fig. 7.1c.



121

Casimir forces in graphene-based heterostructures for nanoscale
mechanical manipulation

Mechanical manipulation of nanoscale objects is key for nanomechanical devices
in sensing and biomedicine. Mechanical control at the single-atom-level can also
transform state-of-the-art fabrication techniques in two-dimensional materials to a
new era; particularly, although two-dimensional materials exfoliation and transfer-
ring have dramatically advanced, a challenge that impedes their integration in real
devices is graphene buckling, the phenomenon of a mono-layer of graphene experi-
encing uniaxial tension, leading to ripples in mono-layers that cannot remain truly
flat [198].

Inspired by the results of Chapter 6, and particularly the fact that graphene-based
van der Waals heterostructures perform as ultra-reflective metals in the mid-IR,
we envision their use in enhancing Casimir interactions. Practical issues in ma-
terials processing and nanofabrication, c.f. buckling, adhesion and friction, may
be resolved by actively controlling and mechanically manipulating one-atom-thick
two-dimensional materials using Casimir forces. The Casimir force between two
parallel uncharged conductors becomes dominant in the nanoscale, if the conduc-
tors exhibit a perfect electrical conductor response. Until now, noble metals have
been the most extensively investigated materials for Casimir effects. By contrast,
the Casimir energy between two graphene sheets is small and only measurable at
cryogenic temperatures [209]. However, conductors are heavy, which constitutes
them unsuitable for pursuing mechanical manipulation in the nanoscale, in con-
trast to graphene-based heterostructures (including graphite) that have an order of
magnitude lower mass density. Additionally, contrary to a single graphene sheets,
stacked arrangements of graphene mono-layers are ultra-reflective as we discussed in
Chapter 6. This constitutes them suitable candidates for Casimir interactions in the
nanoscale. We imagine configurations of parallel graphene-based heterostructures
for controlling their mutual Casimir interaction.

Apart from the material quality of the conductors, the magnitude of the Casimir
energy can be further controlled by engineering the electromagnetic environment
between the two conductors. Namely, the Casimir energy scales with the density
of optical states of the intermediate medium, which, in turn, scales with the refrac-
tive index. One may imagine using sparse arrays of high-refractive index foams or
aerosol-based effective media inside the cavity, for enhancing the Casimir interaction
as a result of (i) decreased weight load and (ii) increased number of available optical
modes, respectively, see Fig. 7.1d.
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The aforementioned concepts and ideas are merely a small subset of the opportu-
nities arising from our ability to design materials on-demand. It is fascinating that
today it is possible to selectively position two-dimensional mono-layers in configu-
rations of stratified media with precision in the Angstrom-scale. This opens routes
for controlling the interaction between light and matter at the single-atom level,
where electronic and electromagnetic degrees of freedom compete. Complementary
to the classical notion of a metamaterial, the properties of which are determined by
its geometry, now it is possible to tailor light-matter interactions by simultaneously
engineering geometry (layer sequencing) as well as fundamental material properties
(electronic interactions between layers). The field of metamaterials is at a transition
point where novel physical phenomena are rapidly adopted into practical devices for
applications, and exciting times are ahead for a diverse array of technical disciplines
including mathematicians, physicists, material scientists, chemists, engineers, and
technologists.
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A p p e n d i x A

APPENDIX

A.1 Transfer Matrix Equations for an infinite bilayer heterostructure
For a detailed presentation of the transfer matrix approach, the reader in encouraged
to see [1]. In Section 2.3 we discussed the case of an unbound layered medium
composed of two materials with indices n1,2 (in the absence of magnetic properties
we have n1,2 =

√
ε1,2) and thicknesses l1,2 (see Fig. 2.2). We present below the

transfer matrix elements A, B, C, D, referring to Eqs. (2.17)-(2.18). For TE
polarization, we have:

ATE = e
−ikz,1l1

[
cos(kz,2l2) − 1

2 i
(kz,2
kz,1
+
kz,1
kz,2

)
sin(kz,2l2)

]
(A.1)

BTE = e
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− 1

2 i
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)
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(A.2)
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]
(A.4)

Similarly, for TM polarization, the matrix elements are:
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A.2 Counting optical states with the reflection pole method
In Section 3.8, and particularly in Fig. 3.11 we discussed the increase in the den-
sity of optical states (DOS) for multilayer configurations that, when homogenized,
exhibit the response εoεe < 0 (µoµe < 0) for TM (TE) polarization. Here, we com-
pute the number of optical states for the example system discussed in Fig. 3.11.
We consider in-plane wavenumbers k///ko ∈ [0, ndiel] for radiation (bulk) modes,
while k///ko > ndiel for surface waves, as discussed in detail in Section 4.3. Prior to
reading this section, the reader is encouraged to study the reflection pole method
(RPM) and its details (see Section 3.11 and [108]).

First, lets start with the physical picture of a multilayer system with complex reflec-
tion coefficients rTE, rTM, for the two linear polarizations. The analytical expression
of the density of states is [210, 211]

ρ(ω, d,~k) =
3

2|p|2k3
1

k//
kz

{1
2p

2
p

[
(1+rTEe

2ikzd)k2
1+(1−rTMe

2ikzd)k2
z

]
+p2

n(1+rTMe
2ikzd)k2

//

}
(A.9)

where pp and pn are the parallel and perpendicular components of a dipole moment
located at distance d above the first planar interface, k1 is the wavenumber in the
incident medium and kz is the normal component of the wavenumer inside the
multilayer system. As explained in Section 3.8, the effective magnetic permeability
has an effect mainly in the TE polarization characteristics of planar metamaterials,
similar to the effective dielectric permittivity pertaining to TM properties. As can
be seen from the first term in Eq. A.9, in order for the TE polarization to contribute
to the density of optical states, the TE complex reflection coefficient must deviate
from the value of −1.

We perform analytical transfer matrix calculations and RPM calculations, together
with finite element simulations investigating the TE properties of a fifty-five layers
metamaterial consisting of silver and a dielectric material with refractive index ndiel,
in the lossless limit, to simplify our analysis (similar to the one discussed in Figs.
3.11d, e). All finite element simulations were performed with the commercial pack-
age Comsol Multiphysics. We set the refractive index of the surrounding medium to
be nsur = 1.55, similar to Figs. 3.11d, e. Figs. A.1, A.2 show two cases: ndiel = 1.55
and ndiel = 4, respectively. The latter is the same as the case discussed in Fig. 3.11e.

In the case of ndiel = 1.55, no TE electromagnetic states couple to the multilayer
metamaterial and its response is reflective as shown in Fig. A.1a. This is confirmed
by analytical transfer matrix calculations of the TE reflectance (Fig. A.1d), which
is almost unity, while absorption is negligible (Fig. A.1d). Furthermore, as can be
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seen in Fig. A.1c, Re(rTE) barely deviates from the value of −1, indicating ab-
sence of TE polarization electromagnetic states, based on Eq. A.9. With use of the
arguments explained in Section 4.3 regarding the RPM, we present the parameter
dm11TE (λ)

dλ in Figs. A.1f and g for radiation (bulk) and bounded (surface) modes,
respectively. No peaks are observed, confirming the absence of any TE states sup-
ported in the metamaterial in this frequency regime for the considered wavenumbers.
The wavenumbers accounted for in Figs. A.1f, g are chosen based on the Gaussian
beam in the finite element simulation shown in Fig. A.1a.

Furthermore, by homogenizing the layered metamaterial through [47], we obtain
negative dielectric permittivity εo, while the magnetic permeabilities along both
coordinate directions µo and µe remain positive (Fig. A.1b). For these values of
εo, µo and µe, the dispersion equation for bulk propagating modes (Eq. 3.3) has
no solutions, confirming further the absence of any optical states in this frequency
regime.

By contrast, increasing the dielectric index to ndiel = 4 leads to a drastically different
Re(rTE) response, as shown in the simulation result of Supplementary Fig. A.2a.
The metamaterial absorbs most of the incident field, as confirmed through analytical
calculations showing enhanced TE absorption in Supplementary Fig. A.2e, while
the TE reflectance vanishes at resonant wavelengths (Fig. A.2d). As seen in Fig.
A.2c, now Re(rTE) is drastically different from unity, indicating a TE contribution
to the density of states, based on Eq. (A.9). The density of states enhancement is
already obvious by the enhanced absorption, however we also show it explicitly in
Fig. A.2f; the reflection pole peaks represent states and their number is equal to the
number of bulk eigenmodes (or optical states) for the considered wavenumbers and
wavelengths. The number of TE bound (surface) states is also enhanced, as peaks
are also observed for wavenumbers k///ko > nsur (Fig. A.2g). This response is also
interpreted in the effective homogeneous slab picture (with effective parameters εo,
µo and µe); the TE response of the metamaterial is now hyperbolic as µoµe < 0
(Fig. A.2b). Similar to HMMs with εoεe < 0 supporting an enhanced density of TM
states [41, 76, 210, 211], we show an equivalent response for TE polarization due to
µoµe < 0.

A.3 Details on the electronic structure calculations in vdW heterostruc-
tures

Here we discuss the details for computing the electronic properties and sheet con-
ductance of the graphene-based heterostructures discussed in Chapter 6. Both in-
traband and interband contributions to the sheet conductance discussed in Section
6.3 are extracted from the linearized Boltzmann equation using an ab initio collision



141

integral for the electron-phonon scattering processes [196]. The interband transi-
tions term is evaluated using Fermi’s Golden rule for the imaginary part, and then
the Kramers-Kronig relation for the real part.

All these calculations use DFT predictions for the energies and matrix elements of
both the electrons and the phonons, hence automatically accounting for electronic
structure effects such as inter-layer interactions and response of electrons far from
the Dirac point, as well as scattering against both acoustic and optical phonons
including Umklapp and inter-valley processes. These calculations account for finite
temperature occupations of electrons and phonons, as well as for the coupling of
electrons with photons and phonons, thereby capturing all relevant radiative and
non-radiative processes that contribute to the optical response. However, in this
work, excitonic effects were neglected since the high free carrier density of the doped
materials we consider would strongly screen electron-hole interactions [212]. See
[196] for more details on the theoretical framework and references in [18].

For graphene and its heterostructures, changing the Fermi level EF changes the
equilibrium electron occupation factors in the Boltzmann equation as well as in
Fermi’s Golden rule. This affects both interband and intraband contributions to the
sheet conductance, and we account for this by explicitly evaluating them for several
different values of EF, ranging from the neutral (undoped) value to ∼ 1 eV above
it. This computational treatment assumes ideal doping and neglects losses due to
scattering by inactive dopants and defects introduced into the material; the effects
of such nonidealities will be specific to the experimental strategy for doping and are
not discussed here.
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Figure A.1: (a) Simulation results for a fifty-five layers dielectric ndiel = 1.5:
50 nm/Ag: 20 nm multilayer metamaterial at 780 nm for TE polarization.
The surrounding medium has index nsur = 1.55. (b) Effective parameters for
the metamaterial in (a). (c) Re(rTE) barely deviates from the value of −1. (d)
TE polarization reflectance RTE = |rTE|2. (e) TE polarization absorption. (f)
reflection pole method for radiation (bulk) modes, (g) reflection pole method
for bound (surface) modes. Note 1: (c), (d), (e), (f), (g) are transfer matrix
analytical multilayer calculations for the multilayer described in (a). Note 2:
For (c), (d), (e), (f): Colors: from blue to red: k// from 1.45ko (blue) to 1.55ko
(red) - corresponding to the wavenumbers in the simulation of (a). Note 3:
For (g): Colors: from blue to red: k// from 1.55ko (blue) to 2ko (red).
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Figure A.2: (a) Simulation results for a fifty-five layers dielectric ndiel = 4: 50
nm/Ag: 20 nm multilayer metamaterial at 780 nm for TE polarization. The
surrounding medium has index nsur = 1.55. (b) Effective parameters for the
metamaterial in (a). (c) Re(rTE) deviates from the value of −1 indicating
enhanced density of states. (d) TE polarization reflectance RTE = |rTE|2. (e)
TE polarization absorption. (f) reflection pole method for radiation (bulk)
modes, (g) reflection pole method for bound (surface) modes. Note 1: (c),
(d), (e), (f), (g) are transfer matrix analytical multilayer calculations for the
multilayer described in (a). Note 2: For (c), (d), (e), (f): Colors: from blue to
red: k// from 1.45ko (blue) to 1.55ko (red) - corresponding to the wavenumbers
in the simulation of (a). Note 3: For (g): Colors: from blue to red: k// from
1.55ko (blue) to 2ko (red).


